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RESUMO

A principal contribuicao deste trabalho € o desenvolvimento de um modelo parcimonioso
de barganha internacional entre um incumbente democritico e uma poténcia estrangeira, sob
a possibilidade de esta intervir mediante a instrumentalizacdo da oposi¢ao doméstica, seja
por intervencdo eleitoral, seja por ruptura institucional. As disputas internas sdo modeladas
por funcgdes de sucesso em contestacdo, e a estrutura cronoldgica das interagdes, simultdnea ou
sequencial, gera equilibrios distintos. Os resultados demonstram que custos de audiéncia podem,
isoladamente, ser responséveis pela auséncia de uma zona de acordo. Constata-se, também, que
variagdes nos custos da intervengdo eleitoral e na persisténcia intertemporal da influéncia externa
ampliam o intervalo de divergéncia politica no qual golpes de Estado se tornam mais atraentes.
Adicionalmente, apresentam-se conclusdes relevantes de estdtica comparativa relacionadas aos

parametros primitivos do modelo.

Palavras-chave: Contest-success functions; Barganha coercitiva; Teoria dos jogos; Intervengao

externa.



ABSTRACT

The main contribution of this dissertation is the development of a parsimonious model of
international bargaining between a democratic incumbent and a foreign power that may intervene
by leveraging the domestic opposition, either through electoral intervention or institutional
rupture. Domestic disputes are modeled using contest-success functions, and the timing of
interactions, whether simultaneous or sequential, gives rise to distinct equilibria. The results
show that audience costs alone may account for the absence of a zone of agreement. They
also show that changes in the costs of electoral intervention and in the intertemporal persistence
of external influence expand the range of policy divergence over which coups d’état become
more attractive. The model further yields relevant comparative statics results with respect to its

underlying parameters.

Keywords: Contest-success functions; Coercive bargaining; Game theory; Foreign intervention.
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1 INTRODUCTION

Although direct interstate war remains rare compared to the full range of interactions
between states, the absence of open belligerence does not imply the disappearance of strategic
coercion. Governments facing policy disagreement with external powers continue to confront
a fundamental dilemma arising from the interaction between domestic political survival and
foreign pressure, since outside actors may still seek to induce compliance through a menu of
intervention instruments ranging from electoral meddling to support for extra-constitutional rup-
tures, as illustrated by U.S.-backed coups in Latin America'. Policy concessions that are costly
at home must be weighed against the risk of foreign-sponsored destabilization if accommodation

is deemed insufficient.

Standard bargaining models explain why actors transfer resources to avoid the costs of
conflict, but they often treat the disagreement point as exogenous. Conversely, contest theory
provides microfoundations for political survival probabilities but frequently abstracts from the
negotiation phase that precedes open disputes. We address this gap by endogenizing disagree-
ment payoffs: they arise as equilibrium outcomes of domestic challenges. This dissertation
therefore examines the strategic interaction among three players — an external actor and, within
the targeted country, a domestic incumbent and a foreign-aligned opposition — through a parsi-
monious game-theoretic model that integrates three distinct literatures: contest theory, rationalist

bargaining, and foreign intervention.

This work follows the methodological approach of Acemoglu and Robinson (2006):
rather than relying on complex simulations, we use a deliberately simplified model, since
analytical tractability allows us to derive closed-form thresholds that characterize the “knife’s
edge” as explicit boundaries in parameter space separating feasible settlement from breakdown.
These fundamental devices capture each side’s reservation logic, translate feasibility into an
overlap condition, and define cutoff regions that govern the foreign actor’s instrument choice;
timing generates the main contrast across contest technologies (coups and elections), holding
the primitives fixed and allowing for comparative statics, while audience costs compress the

bargaining set, yielding a unique point beyond which agreements always fail.

The remainder of this dissertation is organized as follows. Section 2 reviews the necessary

literature. Section 3 introduces the primitives of the extensive-form game, defines the players,

ISee Rabe (2016).
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the sequence of moves, and the state-contingent intervention capabilities. Section 4 solves
the contest subgames, establishing microfoundations for political survival under sequential and
simultaneous technologies. Section 5 derives the external actor’s payoffs. Section 6 charac-
terizes the bargaining range and the critical thresholds—the “knife’s edge”—that determine
the feasibility of settlement. Section 7 formally states the subgame-perfect Nash equilibrium
(SPNE). Section 8 conducts the equilibrium analysis and comparative statics, presenting the

main propositions, and Section 9 concludes.
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2 LITERATURE REVIEW

The model developed in this dissertation builds upon three distinct literatures that provide
the mechanisms used therein, namely contest theory, rationalist bargaining, and third-party
intervention in domestic affairs. The central organizing principle is that external actors may
influence internal disputes by supporting proxies at a cost, which maps domestic contests into
probabilistic political survival and thereby establishes payoffs as well as feasibility constraints
over negotiations. Accordingly, this review does not aim to offer an exhaustive survey of each

field, but rather focuses on the essential prerequisites for understanding the ensuing formalization.

A robust analytical framework for diverse conflicts involves modeling rent-seeking con-
tests that are costly, dissipate rents?, and generate winning probabilities, an approach appropriate
because outcomes rely on relative resource mobilization (e.g., fundraising for electoral cam-
paigning or manpower) (Feng and Lu, 2017). Within this broad class, the varied configurations
of contest-success functions (CSFs) and their capability to represent disputes provide precisely
this disciplined reduced form, even as they abstract from persuasion, coercion, collective action,

and other possible microfoundations.

The canonical form is the logit (lottery) CSF, formalized in Tullock (1980) and Nitzan
(1994)3, defined as a mapping from effort to winning probabilities alongside the associated
concept of rent dissipation (the sum of resources expended in the dispute). Within this class,

the most commonly used Tullock form is:

f(xi)

S ) T

pi(x) =

The parameter r > 0 represents the discriminatory power, governing the sensitivity of

the probability of winning to marginal effort. Normalizing it to » = 1 anchors the analysis
to the standard benchmark (r = O represents pure noise, where effort exerts no influence, and
r — oo implies total discrimination, e.g., an all-pay auction where the highest effort wins with
certainty). In generalized Tullock contests, Nti (1997) demonstrates why, under asymmetric

valuations, existence and uniqueness can depend on r. Complementary results establish that,

2See Sheremeta (2013) for a review on reasons for overbidding in contests.

3Skaperdas’ axiomatic program formalizes CSFs as probability mappings satisfying monotonicity and other
restrictions, highlighting axioms (including independence-from-irrelevant-alternatives) that generate additive CSF
families and rationalize logit functional forms (Skaperdas, 1996).
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under regularity and concavity conditions in lottery-production technologies, pure-strategy Nash

equilibria are unique in a broad class of rent-seeking games (Szidarovszky and Okuguchi, 1997).

Feng and Lu (2017) also provide results for two-player asymmetric Tullock contests in
r € (1,2), emphasizing that for » < 1, uniqueness follows directly because each player’s payoff
is globally concave in their own effort. This is critical because collapsing contest subgames into
reduced-form continuation values requires the mapping from primitives to equilibrium payofts
to be well-behaved. Consequently, setting » = 1 is the specification used throughout the model,
as it anchors the technology at the standard boundary case of the concavity regime and, in
particular, within the range » < 1 where equilibrium uniqueness in two-player contests follows

from global concavity arguments*>.

A separate dimension in the contest literature is timing, although original rent-seeking
models are simultaneous in nature, sequential contests are now widely used, as illustrated by
Leininger (1993), whose model of endogenously determined timing favors a sequential contest
under asymmetric valuation®, thereby yielding efficiency gains compared to simultaneity’.
Analogously, Morgan (2003) employs a standard logit form to demonstrate that sequential
contests increase allocative efficiency and total expenditures, which Serena (2017) elaborates
upon to refine conclusions regarding aggregate effort, identifying that the original results actually

depend on a valuation ratio exceeding the necessary condition for a corner equilibrium?.

Considering these dynamics, elections are modeled in our framework as sequential
contests primarily because empirically pervasive incumbency advantages require a device that
represents leadership benefits transparently (Stone et al., 2010; Carey et al., 2000), and as the

process itself typically also involves structural preliminary stages such as caucuses. Moreover,

“4The strict concavity of x” holds for 7 € (0, 1); 7 = 1 is the boundary. In two-player Tullock contests with r < 1,
equilibrium uniqueness follows from global concavity (Feng and Lu, 2017, fn. 3).

>On a side note, rent-seeking models can also be adapted to accommodate different risk behaviors, as exemplified
by Hillman and Katz (1984), who examine a dispute for monopoly rents with symmetric initial endowments and
valuations to demonstrate that under unitary relative risk aversion, rent dissipation diminishes as the rent-to-wealth
ratio increases, declining to approximately one-quarter when the rent exceeds initial wealth by a factor of ten.
Conversely, Skaperdas and Gan (1995) find that the relationship between risk and equilibrium efforts is structurally
dependent on the contest design, identifying an ambiguity shared by Schlesinger and Konrad (1993), who show
that risk aversion only unambiguously reduces expenditures in rent-augmenting games, whereas Treich (2009)
subsequently builds on these findings to prove that risk aversion consistently decreases rent-seeking effort, provided
agents exhibit prudence, defined as a convex marginal utility function (u””” > 0)

®Symmetric valuations, conversely, tend to support multiple equilibria.

"The assumption of simultaneous moves was originally justified by Tullock (1980) on the grounds that compe-
tition for incumbency would result in simultaneity.

8Specifically, given that the requisite condition for such a corner solution is 7 = 1, the author also observes that
when r € (0, 1), the effort ranking between timing choices becomes independent of valuation heterogeneity.
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established democracies typically feature high observable campaign activity and coalition for-
mation, wherein institutional transparency (Bueno de Mesquita et al., 1999) implies that effort
can be anticipated to some extent, thereby facilitating strategic adjustment. These empirical
regularities collectively support treating elections as multi-stage disputes rather than one-shot
simultaneous escalations, a conceptualization consistent with sequential contest applications in

political settings (Klumpp and Polborn, 2006; Irfanoglu et al., 2015).

Coups, by contrast, do not merely represent an extremity on a continuum of pressure
but rather constitute illicit, extra-constitutional maneuvers by organized cliques (often military
commanders) to remove current leaders, characterized by preparation that is inherently con-
spiratorial and imperfectly observable ex ante, although such attempts must eventually become
overt to succeed and be identified. As a result, once the incumbent discovers the plot, it typically
proves infeasible to commit to a strategic effort with a first-mover advantage, for example, in the
manner an election campaign permits. This institutional asymmetry fundamentally motivates
modeling coups as simultaneous confrontation games, which is how they are represented in our

framework (Jia and Liang, 2012; Powell and Thyne, 201 1)9.

The empirical literature establishes determinants of coups as well as pre- and post-coup
dynamics that help structure heterogeneity between relatively stable and vulnerable environ-
ments, identifying economic and political variables as key predictors of event risk, including
GDP growth, income per capita, protests, and broader indicators of instability such as the occur-
rence of previous coups (Cebotari et al., 2024; Gassebner et al., 2016; Korotayev et al., 2018).
Such regularities are equally pertinent to the strategic determination of the intervention modality
by powers aiming to intervene domestically, given that these observables might be necessary
prerequisites for external policymakers to consider regime change (Willard-Foster, 2019, ch. 6).
Consequently, circumstances for possible democratic disruption may be modeled as states dis-
tinguishing relatively stable from unstable environments without sacrificing explanatory power,
thereby providing a parsimonious method to import empirically motivated heterogeneity into our
model, a methodology similar to that employed by Acemoglu and Robinson (2006) to determine

the viability (such as popular mobilization capability) of revolutions.

On the bargaining side, rationalist theory holds that the very costliness of conflict implies

an ex ante bargaining range comprising settlements preferred in expectation to the lottery of

9Powell and Thyne (2011) defines coups as overt attempts arising from a covert conspiracy by military or elite
insiders to unseat the executive by unconstitutional means, classifying success by minimal consolidation horizons.
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conflict. Thus, the central analytical puzzle concerns why rational actors may nonetheless fail to
locate or agree on an outcome within that range. This dilemma was addressed by Fearon (1995),
who systematizes mechanisms into private information coupled with incentives to misrepresent,
indivisibilities, and commitment problems to demonstrate that rational behavior can precipitate

conflict even when the ex-post situation proves materially inferior to a settlement.

Powell (2006), however, challenges the literature’s predominant focus on informational
frictions. He proposes a complete-information model, arguing that bargaining may fail even if
private information is absent and identifying two primary mechanisms: large, rapid shifts in
the distribution of power that generate commitment problems (including a domestic analogue)
and costly deterrence arising from resource-allocation constraints, which can render fighting

preferable to maintaining a deterred status quo.

Moreover, the formal frameworks developed in Chapters 4 and 5 of Acemoglu and
Robinson (2006) provide the primary methodological foundation for the present study. In these
models, the authors characterize democratic survival under the threat of revolutions and coups
within a complete-information setting, focusing on fiscal-policy divergence—specifically, the
optimal tax rate—between the elite and the citizens.!® Accordingly, their framework generates
thresholds on parameters such as inequality and population shares that determine whether
negotiated solutions remain feasible or whether democratic disruption is on the equilibrium
path. The model developed in this dissertation shifts the emphasis from informational frictions
to the endogenous structure of disagreement payoffs generated by domestic contests and costly
agreements. Therefore, bargaining ranges are constrained by internal dispute outcomes and

policy constraints, thereby minimizing reliance on ad hoc parameters.

Another important structure is audience cost, conceptualized as the ex-post political
liabilities incurred by leaders who issue public threats only to subsequently retreat. It functions
as a pivotal mechanism for revealing private information regarding resolve in strategic contexts

where rational actors would otherwise converge on negotiated settlements to avert the material

9Furthermore, policy disagreement between political actors, the main problem in international bargaining theory,
is subject to ever-changing dynamics and is affected by many different variables. One example is the discernible
pattern that emerges in the empirical literature on sanctions, indicating that priorities have evolved over time, as
critical issues may be marginalized or deprioritized. Hufbauer et al. (2007) illustrate this with U.S. sanctions
against Cuba: spanning decades, the declared objective shifted from geopolitical containment to the promotion
of democracy and human rights, preserving the coercive regime even as the underlying definition of the policy
divergence evolved. The overarching trend also shifted. Although earlier coercive episodes were often preparatory
to military disputes (e.g., the blockade against Japan), post-Cold War interventions have increasingly focused on
humanitarian issues and terrorism (Hufbauer et al., 2007), a tendency confirmed by recent time-series evidence on
the changing composition of economic pressure (Niyazova, 2025; Yalcin et al., 2025).
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expenditures of conflict. Fearon (1994) formulates a model of international crises as a political
war of attrition characterized by an endogenous horizon wherein the reputational price of backing
down escalates over time, consequently generating signaling costs that effectively "lock" leaders

into a dispute.

Tomz (2007) provides an empirical validation of this mechanism with a survey analysis of
American public opinion on hypothetical interventions. The findings demonstrate that citizens
impose significant reputational penalties on leaders who fail to execute conditional threats, an
effect that remains stable across different levels of intimidation (threat of force or display of

force, for example) and political regimes, but increases as the target’s relative power grows.

In addition, Weeks (2008) challenges established paradigms on the primacy of demo-
cratic audience costs (Fearon, 1994) through a quantitative analysis of Militarized Interstate
Disputes (MIDs). Non-democracies, specifically single-party states or military juntas, possess
the capacity to generate comparable audience costs provided that domestic elites retain the power
to coordinate punishment to some extent (e.g., the Soviet Politburo and the ousting of Nikita
Khrushchev). This vulnerability remains observable to foreign rivals, whereas personalist dic-
tatorships lack such nuanced credibility. Given this theoretical breadth and empirical validation,
the audience cost constitutes a pivotal parameter within our framework, since it disciplines the

foreign actor’s willingness to accept partial accommodation of its initial aspirations.

Following Chang et al. (2007) and Amegashie (2013), we build a parsimonious strategy
for modeling external actors’ involvement in these disputes through an intervention technology
that changes the marginal effectiveness or cost of effort for a foreign-backed opposition, em-
bedding this action within a contest-success function. This formulation treats the intervener as
a strategic sponsor that reshapes the internal challenge in its favor. Empirically, Levin (2016)
identifies a positive average effect for superpower interventions in elections, for example, with
a more pronounced effect when conducted overtly. At the same time, numerous contest-success
function models incorporate support as cost shifter structures, applied to elections, coups, and
war in both simultaneous and sequential settings (Klumpp and Polborn, 2006; Sheremeta et al.,

2015).

Fundamentally, these structures restrict the foreign actor to a supporting role, rather than
a direct participant. This formalizes the logic of conflict delegation: when direct intervention

is infeasible or costly, sponsors delegate local enforcement and political pressure to domestic
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actors, thereby advancing their strategic objectives indirectly (Salehyan, 2010; Regan, 1996);
this is consistent with empirical regularities of coordination between backers and proxies (Levin,
2016, 2020; Bubeck et al., 2022; O’Rourke, 2018). For instance, when constructing a model,
full alignment between external financier and local faction is a deliberate maximal-transmission

benchmark, as it abstracts from principal-agent frictions to isolate the core dynamic.

External influence also need not be episodic; it can accumulate through institutionalized
and legally overseen channels that, over time, shape domestic mobilization and policy positions
through cooperation and covert alignment. In the U.S. case, Straus (2024) details how for-
eign advocacy is regulated by disclosure mandates'!, effectively making it legal to lobby local
politicians and advance foreign interests, contingent upon such efforts being subject, at least
partially, to public disclosure and structural oversight. Complementing these formal channels,
Stone (2021) discusses transnational policy networks and associated institutional ecosystems,
stressing how think tanks and similar centers improve these influence flows by diffusing ideo-
logical concepts and framings, and Lee (2022) also includes foreign corporate subsidiaries into

this class.

Furthermore, contemporary methods for the advancement of policy interests may be
conducted with even lower resource mobilization than in the past, such as through information
flows mediated by social media and other platforms, especially for their controllers (Thrall,
2024; Acemoglu et al., 2023; Allcott and Gentzkow, 2017; Fujiwara et al., 2021). Crucially,
these works illustrate that investments in influence may generate persistent political returns when
agents operate locally, motivating a persistence channel in the influence technology, represented

in our model as an intertemporal cost-shifter in the opposition’s effort function.

A final behavioral consideration of our model concerns myopic domestic decision-
making in democracies, wherein the structural inducement of such behavior arises fundamentally
from the misalignment between the institutional rigidity of electoral cycles and the cognitive
heuristics employed by the electorate. As analyzed by Linz (1998), democracy is inherently a
government pro tempore, implying that the constitutional imposition of fixed terms creates a
“time squeeze” where the logic of political survival diverges from the temporal requirements
of structural policy maturation, an institutional constraint exacerbated by informational coarse-

ness on the voter’s side. Furthermore, Healy and Lenz (2014) demonstrate that voters facing

"Under the Foreign Agents Registration Act (FARA) and the Lobbying Disclosure Act (LDA). FARA requires
periodic disclosure of foreign relationships and activities, while the LDA defines lobbyists through threshold criteria
and channels that promote outside interests into a registration-based reporting regime.
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high retrieval costs rationally substitute the hard-to-observe attribute of cumulative welfare
with a salient, easily accessible proxy in the form of the election-year economy, affecting the

accountability mechanism by rendering earlier periods of the mandate strategically irrelevant.

Rational responses to these constraints compel incumbents to adopt exclusively short-
term optimization, an equilibrium outcome formalized by Bonfiglioli and Gancia (2013), who
model electoral agency with hidden actions where political myopia emerges as a signaling device
(or “signal-jamming”) in an environment of asymmetric information regarding competence.
Given that returns on long-term public investments are stochastic and delayed beyond the
electoral horizon, thereby failing to serve as effective signals, while short-term policies provide
immediate, observable utility that voters utilize to update their beliefs, rational agents seeking to
maximize re-election probabilities are incentivized to bias resource allocation against socially
efficient long-term investments in favor of immediate transfers that signal competence within

the observable window.

Collectively, the reviewed works provide the required understanding for the model sub-
sequently developed: contest theory disciplines domestic disputes with well-behaved outcomes,
the third-party intervention literature elucidates the mechanisms of interference in domestic
affairs, and rationalist bargaining structures negotiation outcomes. The next sections, therefore,

elaborate upon this foundation.
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3 MODELING THE KNIFE’S EDGE

There are three players (P;): an incumbent democratic leader, a foreign actor, and
a domestic opposition. They are identified throughout the text by subscripts 1, 2, and 3,
respectively. The main driver of the interaction among these players is a policy disagreement,
indicated by d, between the domestic government and the external power. This misalignment
may concern a single policy or a bundle of policies that might be political, economic, religious,

or military in nature.

Definition 1 (Policy space and misalignment). Consider a one-dimensional policy space X C R.

Assume X = [x,x] with x <X, so that

diam(X) = sup [x—-y| = x—-x > 0. (3.0.1)
x,yeX
Let x; € X denote the ideal policy of player P;. For any pair (7, j), define the normalized

pairwise misalignment as
xi — ;1

dij = diam(X)

e [0,1]. (3.0.2)

In this model, we assume d is the bilateral disagreement between the domestic government and
the foreign actor
lx1 —x2

d = dpp = W € [0,1] (3.0.3)

We restrict our attention to the non-trivial case d > 0 (x; # x;), because when d = 0

there is no policy disagreement and the strategic problem of interest becomes degenerate.

The game has two periods (each period is denoted by subscripts 1 and 2) and an entry
stage. In stage 0, P, chooses between entering the game and opting out (Out), which yields an
outside-option bonus p > 0 that captures the benefit of reallocating resources or avoiding the

exposure associated with participation.

Upon entering, the interaction continues to period ¢t = 1, and the stage-0 decision is
not revisited in period r = 2. In each subsequent period ¢ € {1,2}, Nature draws the internal
situation from two states in the country of P; and P3: stable, with probability a, and unstable,
with probability 1 — . The difference between the two states lies in the availability of pressure

2

tools for the external actor!2. In the stable state, it can only influence elections, denoted by

12 Acemoglu and Robinson (2006) have a similar structure in which revolutions, for example, may only be possible
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Meddling (M), while in the unstable state, it might be able to provide enough support for a Coup
d’Etat (C). This is a reduced-form binary state that captures the domestic conditions under which

more disruptive instruments such as coups become more likely, as discussed in Section 2.

Definition 2. Let 7 € {1,2}. Nature draws s; € {St, Ut} with

Pr(s; = St) = a, Pr(s; =Ut) =1-a, a € (0,1),

and (s, s7) are independent. In period ¢, the state restricts P;’s feasible action set:

Ar(St) = {A, M}, A(Ut) = {A, M, C}.

The second-period draw s, occurs only when period ¢ = 2 is reached.

After Nature draws the state, which is observed by all players, the democratic leader
(P1) chooses a take-it-or-leave-it (TIOLI) offer on a policy concession parameter z; € [0, 1]
that governs the extent to which the incumbent accommodates P,’s preferred policy. A short-

sightedness restriction is also imposed on the domestic players:

Assumption 1. The incumbent (P} ) and the opposition (P3) behave as myopic players in period
t = 1: any maximization or strategic problem is evaluated solely using current-period payoffs,

not incorporating continuation values.

Effectively, this formulation models domestic players as time-separable agents 3. Since
underlying preferences remain time-invariant, we employ a unified notation for P; and P3 to
ensure readability without unnecessary notation proliferation. We treat them as if they were
unitary actors across time, despite their period-specific optimization, because allowing for
intertemporal smoothing would mainly change levels and transitional dynamics, but not the
threshold structure that drives the core equilibrium characterization; the added complexity is

therefore an extension to the current model.

Importantly, a higher z; means a smaller concession: z; = 1 corresponds to no concession

(the policy remains at x1), while lower values of z; correspond to larger changes of x; toward

if conditions for popular mobilization are met, so their model also has different states conditioning the availability
of an action by one of the players.
13n the equilibrium section, we treat each domestic player as two players, one for each period.
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x3. Although this might be counterintuitive for the reader, it was a necessary step to fit external

support into the contest-success functions while preserving monotonicity in P;’s payoffs.

Definition 3. In each period ¢, the incumbent chooses z; € [0,1]. A higher z; means less

accommodation. Define the effective disagreement under agreement as
A -
d: (Zt) = z.d.

Thus, z; = 1 implies no concession (d{‘ = d), and z; = 0 implies total concession (d;“x =0).

We restrict P; to act through a domestic proxy, and we make an additional assumption:
when P3 wins, P, does not incur misalignment costs (we assume that the opposition revokes the
agreement previously agreed upon); the total expected loss of the external government derives
solely from the probability of P;’s survival and the costs incurred if intervention takes place.
This is one particular specification among several possible ways of mapping the opposition’s
stance into the foreign actor’s reduced-form payoff, as alternative structures could assign frictions
(such as a probability of the deal being revoked instead of certainty) to the sponsor-sponsored

dynamics.

Assumption 2. For simplicity, we assume that the domestic opposition’s ideal policy aligns

perfectly with the foreign actor’s ideal policy, i.e.,

X3 = X3. (3.04)

In each period, P, chooses between accepting the offer from P; or intervening by
providing an exogenously determined intensity of support f to P3. If the foreign power chooses
to accept, it incurs an exogenously determined political audience cost that interacts proportionally
with the offer z; accepted '#. This mechanism is centered on the foreign actor because it is the
player issuing threats and subsequently retreating to some extent (in A). Additionally, specifying
6 as invariant to the threat modality is consistent with the findings of Tomz (2007) as the survey
suggests that those costs largely do not depend on what kind of intervention was threatened to

be used.

141t may be read domestically as backing down, legitimizing the incumbent, or wasting political capital previously
invested in coercion.
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Definition 4. Let 6 > 0 denote an audience cost that interacts with the offer (z;) from P accepted

by P; in branch A.

If the foreign actor chooses to intervene, the cost is equal to f under C and is discounted
to bf under M, with b € (0,1). We treat f as an exogenous capability parameter (budget,
organizational, and operational capacity) while b captures the idea that electoral interference
can be operationally cheaper (and less politically costly) than an institutional rupture, holding

the intensity of effective support fixed, as discussed in Section 2.

Definition 5. Let f > 0 denote the cost for P, to provide support to P3 whenever P, intervenes,
and let b € (0, 1) denote the cost discount under meddling (M), so that the delivery of the same
effective support f is less costly for P, under M than under C. Define P;’s instrument-cost map

k:{A,M,C} — R, by

k(A) =0, k(M) =bf, k(C)=f.

In state St, x(C) is irrelevant since C ¢ Ay (St).

Additionally, foreign intervention acts as an exogenous transfer f directed to the domestic
opposition, implemented as a shift in its effective cost in the CSF, following similar models
reviewed in Section 2. Consequently, a higher f increases the opposition’s contest performance

in the intervention branches as shown in the CSF structure described in Section 4.

Each option (Out, A, M, and C) chosen by P, induces a CSF between the domestic
incumbent and the opposition, representing an internal power dispute. The options Out, A,
and M follow a sequential structure, with P as Stackelberg leader, since they correspond to an
electoral dispute, while C has a Cournot timing, representing a coup to capture the idea that coup
attempts are extra-constitutional and, once underway, unfold without a systematic first-mover

commitment advantage for the incumbent?.

In branches A and C, the game ends after the CSF in period ¢ = 1, so period ¢ = 2 is not
reached if either of these actions is chosen by P; in period t = 1. Under A, the interpretation
is that an agreement is reached between P; and P;: if the incumbent wins, the concession

is implemented, while if the incumbent loses, the opposition does not uphold the previously

I5Related motivations are reviewed in Section 2.
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negotiated concession and implements x3(= x;), so the ex post misalignment vis-a-vis the
foreign actor becomes 0. Under Out (chosen at stage 0), the domestic election is held without
any foreign intervention; if the incumbent wins, the misalignment remains d, whereas if the
opposition wins (recall Assumption 2), the ex post misalignment also becomes 0. A similar
logic applies to C: if the coup fails, d is unchanged and the foreign power is prevented from
further intervention; if it succeeds, the ex post misalignment also becomes 0 as the opposition

establishes a dictatorship.

Definition 6. In period ¢ = 1, let a1 (s1, z1) denote the action of P,. The game reaches period
t = 2ifandonlyifas (s1,z1) = M and the incumbent (P;) wins the period-1 contest; otherwise,

the game ends after period t = 1.

By contrast, in Meddling (M), if the incumbent wins the election, a similar game is
played in the second period. Payoffs in the last period are, therefore, discounted by ¢ to account

for intertemporal preferences.

Definition 7. Let 6 € (0, 1] denote the discount factor applied to period ¢ = 2 payoffs. Thus,

any payoft realized in period 2 is weighted by ¢ relative to period 1.

Once meddling is understood not only as a contemporaneous transfer, but also as a form of
political involvement whose returns may persist through local coordination and continued access
to domestic channels, the two-period horizon becomes substantively relevant, especially because
this milder form of intervention is less likely to sever channels altogether. The instruments cited
in Section 2, such as lobbying groups, media control, firms, and other institutions, benefit from
networking and domestic relationships that can be leveraged in the future as power brokers, if
issues are not solved in the present. We capture this intertemporal component with an additional

parameter of political capital stock T > O for period ¢ = 2, which interacts with f.

Definition 8. Let 7 > 0 denote the ratio of durable political-capital payout generated by first-

period investment f in the opposition (P3) and realized as 7 f only if period ¢ = 2 is reached.

We also impose the following tie-break!® condition for the players :

16Regan (1996, pp. 341-342)
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Assumption 3. Players exhibit a lexicographic preference for more stability and non-intervention
when material payoffs are identical. We define the hierarchy of conflict aggressiveness as

O = {Out, A, M, C} with the ordering Out < A < M < C.
1. Foreign Actor (P;):

» Entry Stage: If the value of entering equals the outside option (Vo1 = Us.out), P2

selects Out.
* Instrument Choice: Within the game, given feasible actions a,a’ € Ay(s;), if

Us(a) = Uy(a’), Py strictly selects the less aggressive action.

2. Incumbent (P1): If Py is indifferent between the payoff of a feasible settlement offer z and

the expected payoff of the dispute, P strictly prefers the settlement (A).

Figure 1 shows the decision tree, in which the timing and sequence of the players’

decisions, as described above, are observable.

Figure 1: Democracy on the knife’s edge

The timing of the game is as follows:
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1. Entry. The foreign actor P, chooses between entering the game and opting out.
2. Realization of a state. Nature draws the relevant state(s).

3. Offer. The incumbent P; offers an accommodation level z € [0, 1], which conditions the

effective level of political disagreement d*(z) = zd under agreement.

4. The foreign actor P, chooses between Acceptance (A), election meddling (M) or support-

ing a coup (C). The action C is available only in the unstable state.

5. Contests. Given the realized branch, the corresponding CSF contest(s) are played at the
relevant node(s). If M is chosen and P; wins the contest, the game proceeds to the period

t=2.

6. Period 2. Period ¢ = 2 mirrors period ¢ = 1, except that stage 0 is not revisited.
The following sections will derive the important results for each contest success function
involving the domestic incumbent and opposition, and present the payoffs for the foreign power.

Once these are solved, we will be able to collapse the game tree into a reduced form, use

backward induction and characterize the SPNE.
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4 DOMESTIC DISPUTES

The model builds on the standard Tullock (logit-form) contest-success function (Tullock,
1980; Nti, 1997; Morgan, 2003). The intervention technology follows Chang et al. (2007).
Consider a CSF with effort profile e = (ey, ..., e,); let L; denote the relative efficacy of player
i’s effort; let y; capture the effort cost structure of player i; let y reflect the effectiveness with
which the foreign backing reduces i’s effort cost; let k; denote the valuation of winning the
contest; let r govern returns to scale; and let T encode the carryover effect from P,’s invested
influence in the first period. Below we define the probability of victory for player i and the
corresponding payoff function (r;), with parameter ¢; , influencing the cost structure.
Lie/ e

Pi(e) = = mi(e i) = ki Pi(e) —

S — —_— (4.0.1)
=1 Lje; (1 + i)Y

The benchmark model in this work assumes that the players are symmetric in technology,
so L; = 1 for all i, with constant returns to scale r = 1 and y = 1. Across nodes, the CSF
itself is unchanged because only contestants’ efforts are considered in P;(e), preserving the
independence-from-irrelevant-alternatives property (Skaperdas, 1996). What varies are the

costs, parameterized by the effort shifters ¢; ;.

€; e
Pi(e) = o—,  mle&yi) = kiPi(e) - ——,
i-1€) Via (1+ )]

(4.0.2)

Another measure that is reported is the sum of efforts carried out by both players together.

Definition 9. For any branch br € {Out, A, M, C}, define the total effort by

Spr = eb + ek, (4.0.3)

In the Acceptance branch, the incumbent bears a policy-concession burden because it
deviates from its optimal policy. It is assumed that the concession z; € [0, 1] from Definition 3
affects the initial misalignment d. For Py, this enters into the effective-cost shifter 1 — d + dz; or

1 —d(1 - z;), a proxy for the legitimacy and prestige of resisting and negotiating a settlement.

This parsimonious specification aims to generate thresholds that will be derived later and
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to guarantee an ordering such that Py prefers a higher z;, and P, the opposite. According to the

CSF benchmark, in the Acceptance node we have ¥, = —d + dz; and ¥3, = 0, as there is no

external support for the opposition 7.

Pypr(e) = —1—, (4.0.4)
e +e3
e
ﬂl,t(e;zt) =k Pl(e) - m (404b)
- t

Considering the benchmark CSF in the Meddling and Coup nodes, the foreign power
subsidizes the opposition’s effort, lowering its effective cost. In period ¢ = 1, the opposition’s
cost shifter is ¢31 = fi; in period t = 2, itis Y3 = fo, where f, = (1 + 7) f;. This specification
is consistent with Definition 5 because although the instrument costs borne by P, differ between
M and C (through b), the transfer intensity received by P3 is the same in both intervention

branches; for Py, we have 1 ; = 0.

Definition 10. Let f; = f and f, = (1 + 7)f with 7 > 0. In branches br € {M,C}, the

opposition’s cost shifter is 3, = f; (while 1, = 0).

Regarding the benchmark equations for C and M, we have for P3

Papr(€) = —=—, (4.0.52)
el +ej
e
m30(e fi) = ks Pyg(e) = 7 7 (4.0.5b)
t

Finally, when P, decides to opt out of the game, an election without any kind of foreign

intervention is held and both ¢; o = 0, so we have a standard CSF.

Pou(e) = ——, (4.0.6a)
ée; + €;
mis(e) = ki Pip(e) —e; (4.0.6b)

In Out, A and M feature sequential games in which the incumbent is a Stackelberg

"The case in which z = 0 and d = 1 is an algebraic artefact arising from the need to fit the proper monotonicity
into the effective cost of Py
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leader, while the domestic opposition is a follower, and there may be interior or corner equilibria.
The former equilibrium involves both players exerting a positive effort, whereas in the latter,
the follower optimally sets its effort to zero because participating yields a weakly negative
payoff. For the C branch, the game is played simultaneously with a Nash equilibrium. The

comprehensive solution is in Appendix A.

In the following, the results of interest for the incumbent are presented both for cases
in which the opposition participates and cases in which it is dissuaded (e3 5, = 0), denoted as
interior and deterrence solutions, and for each branch’s total effort. The expected payoffs for
each contest for P; are denoted by 7r’1"’ », and will function as payoffs in the terminal node of each

branch for the SPNE solution derived later.

4.1 Equilibrium outcomes in the sequential game from Out

The Out branch establishes the baseline scenario in which there is a sequential electoral

contest free from external interference wherein no cost-shifters are active (¢;, = 0).

Lemma 1. The equilibrium is interior iff

ki < 2ks. (4.1.1)
Otherwise, the follower (P3, the domestic opposition) is deterred and e%,, . = 0.
Interior
k2
€lou = 337 (4.12)
k2
Tow = J5o (4.1.2b)
kq
Pyou PR (4120)
"7 ks
Sr o=et ok 4.1.2d
our = €10u t €30m = (4.1.2d)
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Deterrence (corner, ¢ 0)

* =
30ut

Tou = k3, (4.1.32)
o = ki — ks, (4.1.3b)
Pyou =1, (4.1.3¢)
Sour = €lou + Gou = ks. (4.1.3d)

4.2 Equilibrium outcomes in the sequential game from A

The Acceptance (A) branch characterizes a negotiated settlement in which the sequential
structure of the electoral contest is preserved. The incumbent internalizes the domestic political

burden of policy concessions as an effort cost-shifter, which is formalized as (Y1, = —d + dz).

Lemma 2. The equilibrium is interior iff
kl(l—d+dzt) < 2kj3. 4.2.1)

Otherwise, the follower (Ps, the domestic opposition) is deterred and e%, = 0.

It can be written equivalently as a threshold condition on z;.

If d > 0, the interior regime occurs iff

2kxlki — (1 —=d
2 <z = 2lK1 d( ), 42.2)

Thus, greater ki and z; (holding d > 0) expand the deterrence region in z, while a higher

valuation k3 makes it harder.

Interior

K2(1-d+dz)’

ey = i , (4.2.3a)
¥, = 4t :uf: dzr), (4.2.3b)
Pya(z) = L —221: dZt)’ (4.2.3c)
$=er et = Azdrdy) (4.2.3d)

2
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Deterrence (corner, ¢ 0)

*
3A T

ety = ks, (4.2.42)
k3
. = R 4.2.4b
1A ! 1-d+ dZt ( )
Poa=1, (4.2.4¢)
St et +el, = ka, (4.2.4d)

4.3 Equilibrium outcomes in the sequential game from M

The Meddling (M) branch models an externally influenced election in which the game

remains sequential, but the foreign power subsidizes the opposition through a cost-shifter in the

dispute (3, = f7).

Lemma 3. The equilibrium is interior iff

ki < 2ks(1+ f). 4.3.1)

. . ., . . * _
Otherwise, the follower (P3, the domestic opposition) is deterred and e%,, = 0.

Interior
k2
* 1
-1 432
‘M B+ ) (4.3.22)
ki
P, =" 4.3.2b
m(ft) (1t f) ( )
k
¥, = ?1 (4.3.2¢)
2
= L, (4.3.2d)
M2 4ks3(1 + f5)
2
. (4.3.2¢)
WL 4k (1 + f1)
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Deterrence (corner, ¢ 0)

*
3M

eTM = k3(1 + fl),
HTM =k —k3(1 +f[)
PVM = 19

Sy =ely+esy = ka(1+ 1),

4.4 Equilibrium outcomes in the simultaneous game from C

(4.3.3a)
(4.3.3b)
(4.3.3¢)
(4.3.3d)

The Coup (C) branch shifts the structural interaction to a simultaneous framework, cap-

turing the unobservable and extra-constitutional nature of the dispute. The foreign sponsorship

of the domestic opposition is maintained (3, = f;), but the elimination of the first-mover

advantage requires a Nash equilibrium solution.

(1+ f) k3ks3

“le = (k1 + ka(1+ £))?
k3
Tl = !
(ky + k3(1+ f))°
Pc(f) = — 21

ki + k(1 + f)
(1+ f) kiks3

* % *
Sc=¢€cte =
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(4.4.1a)

(4.4.1b)

(4.4.1¢c)

(4.4.1d)



S FOREIGN POWER

The payoffs for P, are specified in a reduced form for parsimony, as they are meant to
induce an ordinal ranking over actions and generate closed-form thresholds in the SPNE later,
rather than providing a complete microfoundation of foreign preferences. Formally, d enters as
a policy-loss term and f; and b enter as instrument-specific costs, ensuring that more aggressive
instruments are costlier for all b > 0, ceteris paribus. Below, the payoffs are specified separately
for the cases in which the incumbent survives or is displaced by the opposition in the domestic
contest. The probability of P, winning the contest is given by P,;,, br € {Out, A, M, C}, and
for the opposition itis 1 — P,,. Alternative formulations preserving these monotonicities would

yield similar qualitative comparisons.

Definition 11. Let V>, denote the equilibrium continuation value for P, at the beginning of

period ¢ = 2, conditional on reaching it.

5.1 Branch Out (Non-entry)

The Out branch represents non-entry. The foreign actor abstains from intervention,
retains the outside option p, and incurs a policy loss only if the incumbent survives and the

status quo policy remains in place.

Incumbent victory (domestic status quo)
Uy 0 (d) = ~d + p (5.1.1a)
Incumbent loss (opposition victory)
U o = P (5.1.1b)
Expected payoff

U2,0ut(d) = PVOul UZou,(d) + (1 - PvOul) U%,Out

=p—dPyou. (5.1.1¢)

Pyour 1s given by (4.1.2¢).
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5.2 Branch A (Acceptance)

The Acceptance branch specifies the foreign power’s payoffs under a negotiated settle-
ment. The utility function captures the incumbent’s policy concession z; as a proportional
mitigation of the initial misalignment d, and also includes 6z;, which accounts for audience
costs incurred by the foreign power when formalizing the agreement. This cost arises because
we assume negotiations are public and the foreign power does not achieve its stated preferred

policy x».

Incumbent victory
Uy 4 (21) = —dz; — 0z (5.2.1a)
Incumbent loss
Uyy = =02 (5.2.1b)
Expected payoff

Uoa(z) = Poa(z) Uy 4 (z) + (1= Pya(z) Uy,
—dZ[ kl

= (—de)PvA(Zt) -0z, = 2k

(1-d +dz) - 0z. (5.2.1c)

P, 4(z;) is given by (4.2.3c).

5.3 Branch M (Meddling)

The M branch formalizes electoral meddling through external support to the domestic
opposition. Distinct from alternative branches, it induces a dynamic game where incumbent
survival in ¢ = 1 triggers a second-period interaction and, consequently, the first-period payoff
must incorporate the discounted continuation value, 6V,,. Furthermore, this branch exhibits
intertemporal variation from ¢ = 1 to ¢t = 2, as the intervention’s effectiveness evolves from f;
to f> via the carryover effect 7 from Definition 10, thereby altering the equilibrium probabilities

of the domestic contest.
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Incumbent victory (period t = 1)
Uyyy =—bf —d+6Va (5.3.1a)
(Incumbent loss periodt = 1)
Uy = ~bf (5.3.1b)
Expected payoff (periodt = 1)

Usma = P (F) Uy pr g + (1= Pupa (1)) Uy

==bf —dPuu(fi) + Pom(f1) 6V2p. (5.3.1¢)
Incumbent victory (period t = 2)
Uyyr=-bf—-d (5.3.1d)
Incumbent loss (periodt = 2)
UzL,M,z =-bf (5.3.1e)

Expected payoff (period t = 2)

Usmz = Post(f2) Uy yyn + (1= Purt (£2)) Uy

= —bf —d Pau(f). (5.3.16)

P,y is given by (4.3.2b).

5.4 Branch C (Coup d’état)

The Coup branch specifies the foreign power’s expected payoffs under an extra-constitutional
rupture, in which the foreign actor bears the full intervention cost f and expected utility is de-
termined by the simultaneous contest probabilities P,c(f;). Although f; may incorporate the
carryover effect from Definition 10, the branch itself is terminal in the period in which it occurs,

as either the opposition establishes a dictatorship or further intervention channels are severed.
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Incumbent victory
Uyc=-f-d (5.4.1a)
Incumbent loss
Usc=—f (5.4.1b)
Expected payoff

Usc = Pyc(f) Uy + (1= Poc(f) U ¢

i L dky
=—f—-dPyc(f)=~f ki +ks(1+ f)

(5.4.1¢c)

P,c is given by (4.4.1c¢).
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6 THE KNIFE’S EDGE: THRESHOLDS

Following Acemoglu and Robinson (2006), the payoffs of each branch produce thresholds
in z; and d that summarize the parameter restrictions under which a negotiated settlement is
feasible. While the threshold in d governs the selection of the instrument (M or C), the thresholds
in z; identify the set of offers simultaneously acceptable to the foreign actor and preferable to
the dispute for the incumbent. There are three pairs of thresholds in z; that compare branch A
with Out, M and C, respectively. For simplicity, we focus on the interior equilibrium outcomes

from the CSFs characterized by (4.2.1) and (4.3.1).

6.1 Threshold in d

Conditional on entry and on Nature drawing the unstable state (with probability 1 —a), the
foreign actor faces an instrument choice problem between a democracy-disrupting intervention
(C) and an election meddling alternative (M). This choice is determined by comparing reduced-
form payofts Us ys , and U ¢ ; and therefore can be summarized by a cutoff in policy misalignment
d, providing a structural explanation based on parameter constraints. In the stable state, C is not

feasible and the relevant comparison is restricted to {A, M }.

6.1.1 Thresholds

Let P,¢ be given by (4.4.1¢) and P, by (4.3.2b); let b,d € (0,1) and f; > 0.

Pou(fi) > Puc(fy) = ki>ky(1+f;) (6.1.1)

This is a straightforward condition, as external support can be decisive for a change in
winning probabilities, thereby directly affecting thresholds in d and, consequently, the instrument

choice rule.

Second period (¢ = 2). Define D, 2 by U p2 = Uz c2:

_fb_deM(fZ) = _f_deC(f2)

d(Pu(£2) = Puc(f)) = f(1 =)

Ja-b)

Dema(f2,b) = Pun(f2) = Pyc(f2)

(6.1.2)
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First period (1 = 1). Define D1 by Uo ;1 = Uac.1:

—fb—dPuy(fi) + 6 Pom(f1) Vap = —f —d Pyc(f1)

d(PvM(fl) - PvC(fl)) = f(1=b)+06Pyu(f1) Va2

f(L=b)+6P,u(f1) Va2
Puy(fi) = Puc(fi)

Dcm,l(fl’ b’é) = (613)

6.1.2 Instrument choice

Following (6.1.1), once the cutoff D, is defined by the indifference condition Uz js; =
Us,c+ and solved for d, the choice of instrument is characterized by the sign of Py (f;) — Pyc (f7)
and the position of d relative to D, ;. In particular, the sign of P, (f;) — Pyc(f;) determines

whether D, ; acts as an upper (d < D, 1) or a lower bound (d > D, ) on the feasible domain.

Second period (+ = 2). Given the tie-break rule in Assumption 3. If 6.1.1 holds, then
D2 ( fa, b) given by (6.1.2) is well-defined and

M= C & d<Demr(fo,b), (6.1.42)

C>M — d>Dcua(fo,b). (6.1.4b)

If (6.1.1) fails, then (6.1.2) implies that there is no interior cutoff in d, so that

M ~ C for all feasible d > 0 (6.1.5)

First period (r = 1). Given the tie-break rule in Assumption 3.

Case 1: (6.1.1) holds (so Pyy(f1) — Pyc(f1) > 0). If D1 (f1,b,5) > 0, then Dy, 1 in (6.1.3)

is an interior cutoff and

M=C — d< Dcm’l(fl,b,(S), (6.1.6a)

C>M < d>Dui1(f1,b,0). (6.1.6b)

If D1 (f1,b,0) <0, then no feasible d > 0 satisfies d < D¢,.1( f1, b, 6), hence

C > M for all feasible d > 0. (6.1.7a)
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Case 2: (6.1.1) fails (so P,y (f1) — Pvc(f1) <0). If Pyy(f1) = Pyc(f1), then the comparison

is independent of d and
U2,M’1 > U2,C,1 — f(l — b) + 5PVM(f1) V2,2 > 0. (6.1.8a)
If Pypr(f1) < Pue(f1) and Dy 1 (f1, b, 6) > 0, then D, 1 is an interior cutoff point and

M=C & d>Deni(fi,b,0), (6.1.92)

C-M — d<Diu1(fi1,b,9). (6.1.9b)

If Poy(f1) < Pye(f1) and Deyy1(f1,D,6) <0, then d > Dy 1(f1, b, 6) holds for all feasible

d > 0, hence

M = C for all feasible d > 0. (6.1.10a)

6.2 Bargaining Range

We now characterize the negotiation space. A peaceful settlement is possible if and only
if there exists a z; that is simultaneously acceptable to the foreign actor (P,) and preferable to
the dispute for the incumbent (P;). Following Fearon (1995), we define the Bargaining Range

as the set of offers [ZF!, ZF?].

Definition 12. A bargaining range defines the set of mutually acceptable z,
B, = [z, ZF] (6.2.1)

« ZP2 represents the highest z that the foreign actor is willing to accept instead of intervening.

If z > ZP2, P, rejects the offer.

+ ZP! represents the minimum z required by the incumbent to prefer accommodation over
the outcome of a dispute. If z < ZF!, P| prefers to fight.
This structure for the bounds is a consequence of the players’ payoff monotonicity:

Lemma 4. Consider the interior equilibrium defined by Lemma 2. For any d € (0,1), the
incumbent’s payoff (4.2.3b) is strictly increasing in z, while the foreign actor’s (5.2.1) is strictly

decreasing (see Appendix A.4.3 for the proof).
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A mutually preferred agreement exists if and only if the bargaining range is non-empty:

Pl _ 5P2
Lyt < Ly,

(6.2.2)

Where br € {M, C} denotes the instrument selected by P,. If this condition holds, the
incumbent offers z* = Z2. If ZP! > ZP?, the bargaining range is empty, and the ensuing dispute

is determined by the threshold in d. We also define:

Assumption 4. Since the feasible policy space is restricted to 7 € [0, 1], algebraic reservation

thresholds are interpreted under truncation to the feasible set.

1. Foreign actor (upper bound). If ZF> > 1, then P, accepts any feasible offer z € [0, 1].

alt —

If0 < Zglzt < 1, then Py accepts if and only if z < ZF?

al,t’

2. Incumbent (lower bound). If Zfl) 11 , <0, then Py accepts any feasible offer z € [0, 1]. If
0 < zPl <1, then Py accepts ifand only if z > Z¥! . IfZP] > 1, then Py strictly prefers

al,t — =al,t’

the dispute to any feasible offer.

Consequently, the equilibrium offer is determined by the incumbent’s agenda-setting
power inherent in the reduced-game timing. Acting as the proposer under a Take-It-Or-Leave-
It arrangement, P; maximizes the retained policy share by offering the highest settlement
acceptable to P;. This offer effectively binds the foreign actor to its reservation utility. Formally,

whenever the bargaining range is non-empty, the optimal strategy is to set

z; =min{1,Z}7,}. (6.2.3)

6.2.1 Acceptance vs. Election Meddling

Second period (1 = 2) . The thresholds are defined by the indifference conditions U 4 2(z) =
Uz .y for the foreign actor and 714 2(z) = myp for the incumbent. The upper bound of the

foreign actor is

2
2k 2k 1 2ksbf
—(1—d+d—k?0)+\/(l—d+d—k?9) +4d|:@+ d3kl ]

2d

Z0 (f2.b,0) = (6.2.4)
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While the lower bound of the incumbent is

L_(i-a)

7 (6.2.5)

Zgé,z(fz) =
First period (r = 1) . In the first period, the upper bound of the foreign actor differs because
the payoff in U, 1 incorporates the continuation value V3, reflecting the strategic long-term

horizon of the external power:

2
N (1 —d+ 2—29) +\/(1 —d+ j—’;je) + %[bmevM(f]) — 6P (f) Var
Z l(fhb 5 9)

2d
(6.2.6)

The lower bound of the incumbent, consistent with Assumption 1, depends only on the

current period contest stakes:

—(1-4d)
y .

1
z (py =28 (6.2.7)

6.2.2 Acceptance vs. Coup (C)

The thresholds are defined by the indifference conditions U 4 ;(z) = Uz, for the foreign

actor and 714 4(z) = w1, for the incumbent. The upper bound of the foreign actor (ZP 2,) is:

2k 2k 2ksf 2k
(1—d+d39) \/(1—d+d*9) +4d[ e

ZP2(f,0) = 5 , re{1,2}.
(6.2.8)
The incumbent’s lower bound (Zac Q) is:
—dkks (1 - q)
ki+k3(1+£,))2
z8 (fy) = Ll )‘)1 (6.2.9)

By Appendix E.1, the z-thresholds satisfy Z”2 > 0 (and Z"! > 0 if and only if d > -

for the M branch). Hence, for any branch in which acceptance is characterized by z < ZF?,

the acceptance set of the foreign actor is never empty. At minimum, one feasible offer exists

(namely, full accommodation z = 0) that is weakly preferred to the dispute.
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Lemma 5. For any history in which acceptance is characterized by a cutoff rule of the form

z < ZP2 one has Z? > 0; hence Z 5 12z # 0. In particular, full accommodation (z = 0) is weakly

acceptable to P;.
Proof. See Appendix E.1. m|

Similarly, whenever the incumbent’s acceptance set is characterized by a lower bound

7> ZS }J, one has Zg IIJ < 1, ensuring that z = 1 is always feasible for P;.

Lemma 6. For any history in which the incumbent’s acceptance set is characterized by a lower

bound of the form z > Zap}l with I € {M,C}, one has Zg}t < 1; hence Zfllt # 0. In particular,

z = 1 is always feasible for Py under the acceptance rule.

Proof. See Appendix E.1 O

Thresholds in z vs. d (t=2): mid-range D¢y, 2

(k1=8.100, k5=5.818, f; =0.034, T=0.134, ,=0.038, b=0.225, 6=0.006]
1.4 1 ;
1.2 1
1.0 |
N e
< P,
< 0.8 e e
_g’ /’/ ”,,*
< 7 Rad
= 7/ s
F 0.6 s
/ /
/ /,
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Figure 2: Bargaining Range

42



7 EQUILIBRIUM

7.1 Primitives

Let G denote the extensive finite-horizon game described by Figure 1 and Definitions 2—
7, together with the contest-success functions (CSFs) in each branch. Outside the contest
subgames, information is perfect and all information sets are singletons. Inside the contest
subgames, the information structure is the one implied by their timing: sequential in Out, A, M

and simultaneous in C.

To ensure internal consistency with Assumption 1 while preserving standard backward-
induction logic, we represent the domestic actors in agent form. Specifically, the incumbent’s
period-¢ decision nodes are controlled by an agent P, and the opposition’s period-¢ decision
nodes are controlled by an agent P3,, for t € {1,2}. Agents P;; and P3; evaluate outcomes
using only period-1 payoffs, whereas agents P; > and P3 > evaluate outcomes using only period-2
payoffs. For expositional simplicity and to avoid notational clutter, we keep the unified labels P
and Pj3 in the discussion, but in this section, formally, the decision-maker at a domestic period-¢

node is P; ;.

Definition 13. A history h is a finite sequence of chance outcomes and actions consistent with
the game tree described in this model. Let H be the set of all histories and Z C H the set of

terminal histories. For any nonterminal history 4 € H \ Z, let

P(h)e{l1:1, 1:2, 2, 3:1, 3:2, Nature}

denote the player who moves after 4, and let A(%) denote the feasible action set after 4. Here,

P(h) = i:t means that the domestic period agent P;, moves after /.
Definition 14. A (pure) strategy for the Foreign Actor P; is a function o» assigning an action
o3 (h) € A(h) to each history & such that P(h) = 2.

A (pure) strategy for a domestic period agent P;;, with i € {1,3} and ¢ € {1,2},isa

function o7, assigning an action o,(h) € A(h) to each history & such that P(h) =i:t.

A strategy profile is

o =(011,012,02,031,032).
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Definition 15. Let /2 be a history that ends at a decision node belonging to a singleton information
set. The subgame G (h) is the continuation game whose tree is the continuation subtree rooted at
h; the set of terminal histories in G (&) is the set of continuations /4’ such that (A, #’) is terminal
in G; player function, feasible actions, chance probabilities, and payoffs are inherited from G

on that subtree.

Definition 16. A strategy profile o is a subgame-perfect Nash equilibrium (SPNE) of G if, for

every history # that starts a subgame, the restriction o |, is a Nash equilibrium of G (/).

7.2 Equilibrium objects imported from CSFs

For each branch br € {Out, A, M,C} and period ¢t € {1,2}, the CSF analysis delivers

the within-period equilibrium objects

* * *
(var,t’ ﬂlbr,t’ ﬂ-3br,t)’

evaluated at the history’s parameters, with explicit closed-form expressions reported in the

*

main text for P¥  and 7} and the full payoff vector (including 7} bri

N 1br,t°

) in Appendix A.
Reduced-form expected payoffs for the incumbent in each period are given by (4.1.2b), (4.2.3b),
(4.3.2d)—(4.3.2e), and (4.4.1b). For P;, reduced-form expected payoffs are given by (5.1.1c),
(5.2.1¢c), (5.3.1c)—(5.3.1f), and (5.4.1c).

Assumption 5 (Interior-regime restriction). Throughout the equilibrium analysis, we restrict
attention to histories at which the interior CSF conditions hold for the relevant branch (in
particular (4.2.1)in A, (4.3.1) in M, and (4.1.1) in Out), so the interior closed-form expressions

apply along the equilibrium path.

The agent-form representation implements Assumption 1 in the payoff structure itself:
domestic period-1 agents (Pj 1, P3,1) receive no continuation payoft from period ¢t = 2, and
domestic period-2 agents (Pj 2, P32) receive no payoff from period ¢ = 1. While the Foreign

Actor’s dynamic incentives and continuation value remain as specified in (5.3.1¢c)—(5.3.1f).

7.3 Collapsing CSF subgames and the reduced game

Each branch choice by P, (together with Nature’s state) induces a contest subgame

between the domestic period agents, denoted Cp, 4, starting at a singleton information set (hence
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a proper subgame in the sense of Definition 15). We assume each such contest subgame admits

a unique Nash equilibrium for all relevant parameter values (Appendix A).

Definition 17. Define the reduced game GX as the extensive-form game obtained from G by
replacing each contest subgame Cp,; by a terminal node in the reduced representation whose
payoffs equal the equilibrium payoff vector induced by the CSF solution for the domestic period
agents in that period and the reduced-form payoff for P,. Formally, at any history reaching
branch br in period ¢, G¥ assigns payoffs

br.t brt br.t br.t
(HLrI s Hl,rz s UZ,br,l‘(')’ HS,rl s H3’r2 )a

where the domestic components are period-separated as

nyt=ay,, (), W=, (), I =T57 =0 fore #1.

In period ¢ = 1, the branch M payoff for the Foreign Actor incorporates the continuation
value through the corresponding expected-value term (as embedded in (5.3.1c)); this is the
only channel through which period-2 affects period-1 equilibrium objects in the reduced game.
In particular, for the domestic period-1 agents (P 1, P3,1), the CSF subgames are effectively
collapsed locally: their best-response comparisons in period-1 subgames depend only on within-
period equilibrium payoffs, since their continuation payoff from ¢ = 2 is identically zero.
Consequently, the strategic inferences in ¢t = 1 are affected by the second period only through
P,’s side of the bargaining problem (i.e., through the reservation utilities and cutoff sets that

depend on P;’s continuation value).

Lemma 7. Assume that for every (br, t) and every relevant parameter configuration, the contest

subgame Cyp,; has a unique Nash equilibrium. Then:

1. If o® is an SPNE of G®, the profile o obtained by (i) setting o equal to o® on all non-
contest histories and (ii) setting o equal to the unique CSF-equilibrium strategies inside

each Cpy;, is an SPNE of G.

2. Conversely, if o is an SPNE of G, then its restriction to non-contest histories is an SPNE of
GR, and its restriction to each contest subgame coincides with the unique CSF equilibrium

there (Fudenberg and Tirole, 1991, pg. 73-74).
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By Lemma 7, it suffices to solve G® and then lift the solution to G by appending the

unique CSF-equilibrium behavior at each contest history.

7.4 Cutoff sets and bargaining range

Fix t € {1,2} and a realized state s, € {St, Ut}. Conditional on rejecting A, define P;’s

preferred dispute instrument by

disp
1 € ar ma Us s, 7.4.1
t (St) 4 Ieﬂz(s,))(\{A} 2,1t ( )

with ties resolved by Assumption 3. Let the associated reservation utility be
QZ,I(S[) = UZ,];ﬁSP(Sf),I' (7.4.2)
For any I € {M, C}, define P;’s acceptance set against / in period ¢ by

Zi = {Z € [0,1] : Uz as(2) 2 U2,I,z}~ (7.4.3)
Under the monotonicity in Lemma 4, Z?, is an interval of the form

Za“ [0, min{1, 2512,}] for some cutoff 2512, eR,

where Zf 121 coincides with the indifference root when that root exists. The explicit cutoffs are

(6.2.4), (6.2.6), and (6.2.8), with boundary cases handled by Assumption 4.

Similarly, define the incumbent’s settlement-feasible set against / in period ¢ by
zl, = {Z e [0,1]:x}, ,(2) > H‘fff"(l)}, (7.4.4)

where HdISp(I ) denotes the incumbent’s equilibrium payoff under dispute instrument / in period

t

MSP(M) =ty TEP(0) = 7, (7.4.5)
and, in period t = 1,
M) =nfey,  TPM) =7ty (7.4.6)
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In period r = 1, the comparison implicit in (7.4.4) is evaluated by the period-1 agent P ;
using only period-1 payoffs, as implemented by the agent-form payoff separation above. Under
Lemma 4, Z 5 11 ; is an interval of the form

ZP = [max{0,Z"! },1] for some cutoff Z”! € R,

alit — Zalt =alt

where Zap Il’t coincides with the indifference root when that root exists. The explicit cutoffs are
(6.2.5), (6.2.7), and (6.2.9), with boundary cases handled by Assumption 4. Considering the

bargaining range from Definition 12, peaceful settlement is feasible in state s; iff B,(s;) # 0.

7.5 Period ¢ = 2: continuation equilibrium

Fix s,. The dispute instrument IgiSp (s2) is determined by the instrument-choice threshold
in Section 6.1 (in particular D, > in (6.1.2) and Assumption 3). Given an offer z, P accepts

. di
iff zp € Zflzz, where [ = I;Sp(sz).

Lemma 8. Given Assumptions 3 and 4. Fix sy and let [ = IgiSp(sQ). Suppose that Lemma 4
applies to [0, 1]. Then, in any SPNE of G, the incumbent-period agent P »’s equilibrium offer
in period 2 is

min{l,Zgl%z}, if Ba(s2) # 0,

25(s82) = (7.5.1)

1, if Br(s2) =0,

and P; plays A iff zo < min{1, 25 122}; otherwise P; plays the dispute instrument I.

Let I} ,(s2) denote P;’s reduced-game equilibrium payoff in period 2 state s, induced
by Lemma 8. The only continuation value relevant for the backward-induction solution is that
of the Foreign Actor, defined at the beginning of period ¢ = 2 (conditional on reaching it under

M in period ¢ = 1) by:
Voo = a-115,(81) + (1 — ) - I1;,(U1). (7.5.2)

Note that V;, coincides with Definition 11. Consistent with Assumption 1 and the agent-form

payoff separation, the domestic period-1 agents ignore continuation values by construction.
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7.6 Period:=1

Fix s1. The dispute instrument / ;ﬁSp(sl) is determined by Section 6.1 (in particular D, 1

in (6.1.3) and Assumption 3). Given an offer z, P; accepts iff z; € Z%7,, where I = I(IﬁSp(sl).

In period ¢ = 1, if P, rejects A and selects M, the reduced-form period-1 payoff in GR
for P, includes the continuation terms induced by reaching ¢ = 2 with probability P, (fi) and
continuation value V55, as embedded in (5.3.1c). For the domestic period-1 agents (P 1, P3.1),
however, this intertemporal component is strategically irrelevant: since their payoft from ¢ = 2
is zero, the CSF subgames in ¢ = 1 are collapsed locally and the only equilibrium object affected

by continuation is P;’s reservation utility and the associated cutoff sets in z-space.

For completeness, define the corresponding reduced-form dispute payoff for the opposi-

tion in period 1 under M by
dis di
MY (M) =73, T57°(C) =3¢ (7.6.1)
and analogously in period 2:
neP(m) = n* neP(c) = o,
3.2 =M3m 2 3.2 ="M3c-

Lemma 9. Given Assumptions 3 and 4. Fix s and let I = IfisP(sl). Suppose Lemma 4 applies
on [0,1]. Then, in any SPNE of GR, the incumbent-period agent Py 1’s equilibrium offer in
period 1 is

min{1, Z"2 }, if Bi(s1) # 0,
2(s1) = ’ (7.6.2)

1, l:fB](S]):m,

and P plays A iff z1 < min{l, ZZ; 121}; otherwise P plays the dispute instrument I.

7.7 Stage O entry decision

Let H§,1 (s1) denote P;’s reduced-game equilibrium payoff in period 1 after Nature draws

s1, induced by Lemma 9. Define the ex-ante value of entering by

Vay = a0, (S) + (1 -a) - TI, (UD). (7.7.1)
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If P, opts out at stage 0, its payoff is U o, (d) as in (5.1.1c). And given the tie-break rule in

Assumption 3:

Lemma 10 (Entry rule in G®). In any SPNE of G®, P, chooses
In & Vo1 > Uz 0u(d), Out & Vp1 < Us0u(d),

and if Vo1 = Ua,0u(d) then Py chooses Out by Assumption 3.

7.8 Main result: SPNE in the reduced and original games

Theorem 1. Maintain Assumptions 5, 3, 4 and 1. Assume that for every relevant parameter

configuration each contest subgame Cp, ; admits a unique Nash equilibrium (Appendix A). Then:

1. The reduced game G® admits a (pure) SPNE o®* characterized by: (i) the acceptance
rule A iff z; € Zflzt where I = I,diSp(s,); (ii) the equilibrium offers (7.5.1) and (7.6.2)
chosen by the incumbent-period agents P13 and P11, respectively; (iii) the entry behavior

in Lemma 10.

2. The original game G admits an SPNE o* obtained by composing o®* with the unique

equilibrium strategies in each contest subgame, as in Lemma 7.

Moreover, under strict monotonicity (Lemma 4) and the tie-break rules above, the equilibrium

path is unique.
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8 EQUILIBRIUM ANALYSIS

Throughout this section, all comparative statics refer to partial derivatives (or set com-
parisons) of equilibrium objects induced by the SPNE characterized in Section 7 or within
branches, and we maintain the interior-regime restriction (Assumption 5) so that the closed-
form CSF expressions apply along the equilibrium path, which is logically necessary in our
environment because foreign intervention affects domestic outcomes only through an active
opposition contest. Accordingly, in corner solutions where the opposition is fully deterred (zero
effort in equilibrium), the transmission of external support becomes degenerate, since changes
in f; do not map into changes in equilibrium contest outcomes along the deterrence region,
and the analysis therefore focuses on histories where the interior expressions are valid and the

intervention channel is operative. Figures are provided for illustrative purposes only.

Along the equilibrium path described in Section 7, the parameters affect the results
through two linked steps. First, a domestic dynamic between incumbent and opposition, con-
ditional on a given on-path branch br € {M,C, A, Out} and period ¢: the contest subgame
determines the probability of victory and payoffs within the branch, which are treated in a
reduced form under Assumption 5. Second, the backward induction operates through both P;’s
intervention instrument choice and the bargaining range in z-space, and together they determine

whether and how a settlement might occur and, if so, the equilibrium offer z; (s;) (Lemmas 8-9).

The first key parameter whose effect we review is the amount of support given by the
foreign actor to the opposition during an intervention, which, by design, affects branches C
and M differently due to their timings despite the same intensity (f;) in each. Accordingly, an
important conclusion is that an increase in support aggravates the dispute during a coup d’état'®
(4.4.1d), whereas this does not occur when there is an election (4.3.2¢). The accommodation
of foreign meddling takes place during elections because the incumbent is able to anticipate the
opposition’s efforts and adjust accordingly, while the coup (simultaneous game) does not allow

this anticipation to occur.

Proposition 1. Assume interior equilibria in branches M and C. Then the total equilibrium

effort is invariant to foreign support under M, while it strictly increases with foreign support

18See Kuperman (2008) for a moral-hazard interpretation where foreign intervention exacerbates conflict intensity
when it might otherwise be milder or not occur at all, as the author analyzes the Balkan conflicts and NATO
involvement.
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under C. In particular,
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Figure 3: Total equilibrium effort (S*) as a function of external support intensity f

Building on the within-branch comparative statics and how foreign support affects the
equilibrium effort, it is useful to benchmark the aggregate effort comparison between the in-
struments, already defined in Definition 9 as total effort. It is a standard measure of resource
dissipation in contest theory and is central to the sequential-versus-simultaneous contest litera-

ture, where the impacts of timing and commitment are evaluated.'”

Proposition 2. The difference in total equilibrium effort is given by:

\ . ki kiks(T+f) ki [k —ks(1+ f)]
Sulf) =Sc(f) = 2 ki+ks(1+ ) 2[ki+ks(1+ O] (8.0.3)

Consequently, the sign of this difference depends on the incumbent’s strength relative to the

19See Proposition 5 in Morgan (2003) and Proposition 1 in Serena (2017).
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supported opposition:

Si(f)>Sa(f) &=  ki>k(1+f), (8.0.4a)
Su(H)=Se(f) <  ki=k3(1+)), (8.0.4b)
Si () <Se(f) = ki <k(1+f). (8.0.4¢)

Hence, whenever the incumbent remains relatively stronger in the contest, the election
under Meddling dissipates more resources, whereas the reversal of this balance inherently
inverts the ordering, a result consistent with the monotonicity established in Proposition 1
insofar as foreign backing renders coups progressively more effort-intensive. Furthermore, this
model departs from Morgan (2003)’s canonical framework to align with the generalized findings
of Serena (2017), wherein valuation heterogeneity dictates the ranking of aggregate effort for
r = 1, implying that as such heterogeneity fluctuates, the sequential contest may generate
disparate levels of total expenditures according to the logic delineated in Proposition 2 regarding

foreign support.

Proposition 3. Consider (4.4.1b), (4.3.2d), and (4.3.2e). In each period t € {1,2}, the incum-

bent’s equilibrium payoff under Meddling weakly dominates the one under Coup:

T (f1) 2 e, (fo).

Proof. Proof in Appendix A.4.1. O

Proposition 3 is a verifiable contest-timing result from the literature (Morgan, 2003;
Serena, 2017; Klumpp and Polborn, 2006; Irfanoglu et al., 2015): in M, the incumbent anticipates
the effort level implied by the opposition’s best response, thereby exploiting the first-mover
advantage and raising its expected payoff accordingly. C collapses this interaction and eliminates
the commitment channel, weakly lowering it. Formally, the payoft-gap equations reduce to a
condition on a square: using (4.3.2d) and (4.4.1b), nTM’ () - ﬂfc’t( fi) = 0 is equivalent to

(k1 —k3(1+ f,))2 > 0, so M is weakly preferred except at the knife-edge k1 = k3(1 + f7).

Due to the same first-mover advantage, the support provided by the foreign actor has
different dynamic effects on its probability of winning. Although both victory probabilities
are decreasing in f; and exhibit diminishing marginal effects, as in Chang et al. (2007), timing

implies that the magnitude of the marginal effect can differ between intervention types.
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Winning probabilities vs external support f
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Figure 4: Incumbent survival probabilities with respect to f

Proposition 4. Assume the interior regime and consider the incumbent victory probabilities
(4.3.2b) and (4.4.1c). Increasing foreign support ( f;) reduces both probabilities. Moreover, the
marginal sensitivity in absolute value is higher under the sequential branch M than under C if
and only if

ki> (V2= 1) ks(1+ f),

with the ranking reversed otherwise.
Proof. Proof in Appendix A.4.2 for the algebraic steps. O

Therefore, conditionally, the sequential structure of M exposes the incumbent’s survival
probability to a higher marginal sensitivity with respect to external support directed at the
opposition. This result expands on Proposition 3, because even if its probability of winning is

decreasing, it preserves the incumbent’s strict ordinal preference over the intervention branches.

Proposition 5. Given Assumption 3, consider the preference between Meddling (M) and Coup
(C) for any feasible disagreement d € (0,1]. Let Dy = {d € (0,1] : M = C} be the set of

disagreement values for which the external actor prefers Meddling.
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For all parameters where a choice exists, the set Dy is (weakly) decreasing in the cost

parameter b (in the sense of set inclusion). That is, if b’ > b, then Dy (b’) € Dy (b).
This contraction is strict whenever the indifference condition defines an interior cutoff

D € (0, 1), regardless of whether D, ; acts as a lower or upper bound on d.

Proof'in Appendix B. 1.

Proposition 5 provides a monotone comparative static for the instrument-choice cutoff
D.m;. Since this inflection point is defined by the indifference condition between M and C, it
implies that increasing b weakly decreases the set of d € (0, 1) for which M > C. Figure 5

illustrates the second-period case D, 2 20

Second-period cutoff D, , as a function of b
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Figure 5: Sensitivity of the second-period cutoff D, » to parameter b.

Moreover, when the continuation component embedded in D, is active, parameters
that increase the continuation value under M (such as ¢ and 7) affect the level of D, ; and can

therefore affect the size of the set {d : M = C} through the same logic.

Proposition 6. Consider Lemma 4 and the preference set Dy = {d € (0,1] : M = C} in period
t = 1. Under Definition 8, the capacity to build durable political capital T strictly increases the

relative value of Meddling.

20See 6.1.4b and 6.1.4a for the D ¢ case illustrated in Figure 5.
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Thereupon, the set Dy is (weakly) increasing in t. That is, if T > 7, then Dy (1) C
Dy (t"). Whenever the choice is governed by an interior threshold D, 1, this expansion is

strict.

Proof in Appendix B.3.

Consequently, a foreign actor with a higher capacity to build intertemporal influence ()
expands the range of disagreements for which electoral meddling is preferred over an institutional
rupture. This implies that actors with established political capital are less likely to resort to coups,
preferring to support the opposition in an institutionalized dispute. Furthermore, although the
capacity building parameter 7 is technologically irrelevant in the Acceptance branch, it strictly
improves P;’s reserve utility in a negotiated settlement where M is the preferred instrument or

the state is stable.

Corollary 1. If the equilibrium offer z| is determined by the binding reservation constraint

Uz,a(z}) = Uz .1 (7), and % > 0, it follows that:

% <0
ot ’

Since Meddling implies a continuation of the contest with positive probability and,
therefore, possible future rent dissipation (V2 < 0), whereas a Coup yields a present-time
resolution of the disagreement payoff (no continuation term), the valuation of future costs is
critical. An increase in the discount factor ¢ magnifies the weight of the negative continuation
value associated with Meddling. That is, a more patient foreign actor is strictly less tolerant

of the recurring costs implied by Meddling and is more inclined to choose the Coup upon

disagreement, thereby avoiding the possible stream of future expenditure.

Proposition 7. Considering Vo, < 0, the set Dy = {d € (0,1] : M = C}is (weakly) decreasing

ino.

Proof in Appendix B.2.

Additionally, a crucial consideration concerns the specific function of 6 in engendering
bargaining failures. In the absence of audience costs (6 = 0), Meddling occurs exclusively off

the equilibrium path when it is the relevant disagreement instrument, insofar as the bargaining
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range is guaranteed to be non-empty. Therefore, Acceptance (A) is implemented in equilibrium

in this benchmark case.

Proposition 8. Suppose 0 = 0, assume V5 < 0 and maintain the interior-regime restriction.
For histories in which the relevant disagreement instrument is Meddling ( Itd "P(s)) = M), the
bargaining range is strictly non-empty:

zP < 7P fort e {1,2}.

Zam,t —
Proof in Appendix E.3.

Conversely, introducing positive audience costs (6 > 0) induces a structural rigidity that
monotonically contracts the negotiation space. Since 6 penalizes the foreign actor for each unit
of policy accommodation without affecting the incumbent’s reservation value, higher audience
costs strictly lower the maximum offer P, can accept while leaving P;’s demands unchanged;
consequently, sufficiently large domestic pressure can render the set of mutually acceptable

agreements empty and force disagreement despite the availability of transfers.
Proposition 9. Fix t € {1,2}, a disagreement level d € (0,1), and a disagreement branch
I € {M, C}. Define the bargaining slack

Sars(0) = ZL7,(0) - 2%)

Zal,t*

1. 841.4(0) is strictly decreasing in 6.

2. IfZiIlJ > 0, there exists a unique cutoff 8,7, > 0, characterized by 25,2,,(%1,0 = Zg}’t,

such that the bargaining range is empty if and only if 6 > 0,1, (equivalently, S,1,(6) < 0).
IfZP! <0, then S,1,(9) > 0 for all 6 > 0.

al,t —

(Proof in Appendix E.2.)

While the static existence of a bargaining range under zero audience costs provides a
baseline for peaceful resolution under threat of meddling, the negotiation space requires an
explicit analysis of how the reservation thresholds respond to marginal shifts in the underlying
polarization parameter d, for this sensitivity determines the bargaining set and the likelihood

of rupture as thresholds converge or diverge. This comparative static reveals a fundamental
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asymmetry between the strategic postures of the two players, because the incumbent’s reservation
value responds in a purely monotonic fashion to polarization, but the foreign actor’s acceptance
threshold exhibits an ambiguous slope that does not admit a simple characterization without

fixing parameter values.

Proposition 10. Fix t € {1,2} and I € {M,C}. Maintain Assumption 5. Let Zglzt(d) and
Zf Il’t(d) denote the foreign actor’s acceptance ceiling and the incumbent’s reservation floor for

d € (0,1). Then
dzZP! (d)
_— >

Zal,t

0, vVde (0,1).
By contrast, the slope of Z 5 121 (d) with respect to d is not sign-definite on the admissible parameter
domain: depending on the parameter configuration, 62512[(61)/061 may be either positive or

negative (Appendix E.4).

The asymmetry in Proposition 10 is a direct implication of threshold construction.
Both Zg }’t(d) and Zg I%t(a’) are obtained by equating the negotiated and reservation payoffs and
solving for z, so the comparative static with respect to d is governed by the relative contribution
of polarization to each side of that condition, as delimited by the primitives. For 25 IZJ, the
derivative contains positive, negative, and ambiguous components, so it does not admit a general

directional characterization. By contrast, the incumbent’s minimum acceptable settlement varies

monotonically with d.

Beyond the effect of polarization on bargaining thresholds, we must account for the role
of chance in determining whether the state is stable or unstable, since realizations shape which
disagreement instruments are feasible and, therefore, how equilibrium payoffs are realized. In
the unstable state, C € A, (Ut), while in the stable state C ¢ A, (St). Define the equilibrium ex
ante, conditional on entry, by (7.7.1) where a € [0, 1] denotes the probability weight on St. For

P, the stage-0 value V, | (@) is also compared with U o, (d).

Proposition 11. Maintain the equilibrium characterization in Section 7 and Assumption 1.

Then:

1. The incumbent’s ex-ante value is affine in a and satisfies

0V171 " "
o= =TI, (S0) — IO (Un). (8.0.5)
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2. The foreign actor’s ex-ante value is affine in a and satisfies

0Va1
oa

= I, (S) — 105 (U1). (8.0.6)

3. In the regime where C € Ay(Ut) but C ¢ A»(St) and, upon disagreement in Ut, P,
strictly prefers a coup to meddling (so that IiﬁSp(U t) = C), the sign of the comparative

statics is governed by the state ranking of equilibrium payoffs. In particular,

8V2,1

I, (U) 2 H;,I(St) - < 0, (8.0.7)
with strict inequality if IT; | (Ut) > 117, (S1).
Proof. A proof is given in Appendix D. O

Proposition 11 isolates the role of a as a state-weight parameter shifting probability
mass between the two state-contingent equilibrium payoffs, a function that renders comparative
statics economically informative precisely in regimes where the disagreement set differs across
states. Specifically, when Ut uniquely enables C and P, would select C upon disagreement,
increasing « shifts probability mass toward histories in which the disagreement instrument is
restricted to M, implying that whenever this restriction lowers P,’s equilibrium payoff (i.e.,

H;‘J (Ut) > H;il (St)), the foreign actor’s ex ante value is strictly decreasing in .

Regarding the incumbent, although the effect of @ is generally state-dependent as in
(8.0.5), the mechanism highlighted by the reduced-game timing points in a clear direction in
the same regime, since removing C from the foreign actor’s feasible disagreement set weakly
worsens P;’s reserve utility, effectively relaxing P,’s participation constraint in the bargaining
and improving the incumbent’s settlement terms. Furthermore, this advantage persists even
when settlement fails, as Proposition 3 implies that replacing C by M along the disagreement

path weakly benefits P;.
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9 DISCUSSION AND CONCLUDING REMARKS

Synthesizing the underlying literature and the preceding equilibrium derivations, this
section articulates the substantive implications of the dynamics formalized in Propositions 1
through 11 and delineates the structural limitations of the present framework, establishing the

model as a methodological benchmark for subsequent extensions.

The first three propositions dialogue with the comparisons introduced by Morgan’s
and Serena’s propositions (Morgan, 2003; Serena, 2017), under external backing; thus, in
the present framework, timing does not operate alone in shaping the differentiation between
contests. Proposition 1 qualifies Morgan’s Proposition 5, as corrected by Serena’s Proposition 1,
by showing that, once foreign support is introduced, the expenditure effect becomes branch-
specific rather than general: additional backing leaves aggregate dissipation unchanged under
meddling, but increases it under coups. Similarly, Proposition 2 revisits the Morgan—Serena total
effort comparison itself, with the relevant ranking shifted by intervention, since the ordering
also depends on the size of the external support given to the opposition. Lastly, Morgan’s
Proposition 6 is a direct counterpart to Proposition 3, as the sequential contest leads to a

(weakly) higher ex ante expected utility than a simultaneous contest.

Proposition 4 adds a margin that is not explored in Morgan or Serena; here, the ob-
ject of comparison is the marginal responsiveness of incumbent survival to an increment in
external backing. The result is that the political productivity of foreign support is itself ranking-
dependent: the same increase in f; is more destabilizing under meddling only in those regions
of the parameter space where the incumbent remains sufficiently strong relative to the foreign-
backed opposition. Hence, our contribution to the contest literature is to extend the analysis to
a setting in which foreign support is directed to one of the parties, namely to the follower in a

sequential contest and to one of the players in a simultaneous contest.

The comparative statics also reveal that, as Proposition 5 shows, policies raising the
effective cost of non-disruptive influence (higher ) contract the range of disagreements for
which it is preferred. Conversely, in Proposition 6, a higher capacity to build durable political
capital (higher 7) from previous-period investments expands this range and, as Corollary 1 further
implies, can spill over into equilibrium concessions. These results formalize a conditional long-
term institutional survival logic: environments that suppress persistent foreign networks or

render influence prohibitively costly, by regulating social media, for example, enlarge the region
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where coups become optimal (Acemoglu et al., 2023; Thrall, 2024). Similarly, arrangements
that legalize and regularize influence channels, as in the U.S. lobbying regime and overall
structure discussed in Straus (2024), Stone (2021), and Lee (2022), can shift incentives toward

institutional meddling by increasing the viability of influence persistence in the technology.

The strategic value of persistent influence, however, depends on the temporal horizon of
the foreign power; as the discount factor approaches unity (6 — 1), the external actor places
greater weight on the potential recurring expenditure stream inherent to intertemporal meddling,
according to Proposition 7. Consequently, patience breeds instability: to circumvent continuous
outlays, long-sighted strategic rivals rationally prefer the immediate terminality of a coup?!,

conditional on its availability.

Audience costs (8), traditionally formalized as credibility-enhancing signals in incomplete-
information games, operate within this complete-information framework as a structural rigidity.
Proposition 8§ establishes that, in the benchmark case without audience costs, the bargaining
range is strictly non-empty when M is the impending threat, implying that peaceful accom-
modation is generically feasible. Proposition 9 then shows that, as 6 increases, the acceptance
ceiling for the foreign actor falls while the incumbent’s reservation floor remains unchanged,
generating a unique cutoff beyond which agreement becomes infeasible. This outcome clarifies
that such rigidity forces disputes even when transfers exist, driven by the inertia of domestic
commitments; as such, a substantive corollary follows: regimes that are less accountable to do-
mestic audiences may, ceteris paribus, be easier (or may even guarantee settlement) to bargain

with than others where public commitments penalize unfulfilled threats.

A further implication from Proposition 10 is that greater polarization does not map
mechanically into a tighter bargaining interval. As d rises, the incumbent’s reservation floor
increases monotonically, but the prospective intervener’s acceptance ceiling does not admit a
general sign-definite response: it may rise or fall because changes in disagreement affect both the
payoff from accommodation and the payoff from the relevant reserve instrument. Substantively,
this means that even as states become more opposed, the negotiation interval need not diminish,
since its evolution depends on whether the upward movement in the incumbent’s threshold is

offset by the response of the foreign sponsor’s ceiling.

2IThis resonates with the Enduring Rivalries literature. See Goertz and Diehl (1993), which identifies the
expectation of recurring conflict and rivalry (unresolved-issue) continuity as structural drivers of dispute escalation,
distinguishing strategic rivalries from isolated incidents.
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Finally, Proposition 11 derives Nature-determined stability as an essential variable for
the feasible menu of instruments of intervention or threat for the foreign actor. As the stable
state precludes coups, the conjuncture changes to a situation of strictly sequential domestic
contests. Ex ante, the probability (@) operates as a state-weight shifter over equilibrium payofts.
Its comparative statics become economically sharp precisely in regimes where the disagreement
set differs across states (C > M), as probability mass shifts toward histories that exclude
coups, thereby relaxing the foreign actor’s reservation value and either improving settlement or
subjecting the incumbent to a sequential, rather than simultaneous, contest with an externally-

backed opposition.

Relative to the canonical focus on informational frictions in Fearon (1995), and closer
to the complete-information logic in Powell (2006) and Acemoglu and Robinson (2006), the
present framework contributes to the bargaining literature by showing that when disagreement
payoffs are endogenized through domestic contests and external pressure operates through costly
proxy-based instruments, the bargaining range becomes a multifaceted object shaped jointly by

concessions, audience costs, and reserve payoffs.

Our framework is also subject to limitations inherent to its design. We treated sup-
port intensity (f) and the stability probability (@) as exogenous parameters to preserve al-
gebraic tractability; therefore, natural extensions include endogenizing f as a function of
optimal resource allocation or modeling state dynamics as a Markov process, capturing the
path-dependence from the literature on coup determinants. Additionally, future work could
relax the myopic assumption for domestic players and the maximal-transmission benchmark by
introducing principal-agent frictions between sponsor and proxy, or adapt the framework to
personalist dictatorships, where audience-cost mechanisms operate through elite coordination

rather than public opinion.
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Appendix A: Contest-success functions

A.1 CSF with cost shifters (r = 1,y = 1)

Consider a two-player Tullock CSF with = 1 and effort pair (e, e3) € R2:

2! €3

Pi(ey,e3) =

P3(ey, e3) =

er+es ’ er+es '
Let 1,3 > —1 be effective cost shifters. Under y = 1, the per-period payoffs are

€l €l
er+es 1+l//]’

€3 €3
el +es 1+¢3.

mi(er,e3) = ki n3(ey, e3) = k3

A.2 Simultaneous contest (Nash)

Assume an interior equilibrium with e, e3 > 0. The first-order conditions (FOCs) equate

marginal benefits to marginal costs:

67T1 es3 1 (97T3 el 1
= kl — = 0, = k3 — =
ey (e1 + e3)2 1+ des (e + 63)2 1+ y3

Rearranging terms to isolate the common factor (e; + e3)? and dividing the first condition by

the second yields the ratio of efforts:

ez k3(1+y3)

er1 ki(1+yy)

Substituting this ratio into the contest success function Py = the incumbent’s equilibrium

S
l+es/e;’
victory probability is:

. ki(1+y1)

P k(U y) + k(1 +g3)

Let S = e; + e3 denote total effort. Using the FOC for player 1, e3 = ﬁim) Substituting
ez = (1-Py)S:

SZ

=PDS = ivan

§* = ki(1+y1)(1- P)).
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S *\ k3(1+y3) .
Substituting (1 - PY) = )Tk (1703 -

o = kiks(1+y1)(1+y3)
ki(1+y1) +k3(1 +y3)

The individual equilibrium efforts are derived as e} = P}S* and e} = (1 — P})S™:

kik3(1+y) (1 +y3)?
(ki (1+y1) + ks (1 + )

kiks(1+y1)? (1 + y3)
(ki(1+y1) + k3(1 + 1!’3))2’

— * _
61— 63—

Finally, substituting these into the payoff function 7 = k P’l" — %, the incumbent’s equilibrium
payoff simplifies to:
k(1 +y1)?
n = 1 id

(ki(1+y) +ka(1 +ya))>

Note that setting ¥ = 0 and 3 = f; recovers the specific forms used in the main text (Egs.
4.4.1).

A.3 Sequential contest (Stackelberg: P, leader, P; follower)

Fix e; > 0. The follower chooses e3 > 0 to maximize

€3 €3
3 - .
er +e3 1+y3

For an interior best response, the FOC is

1
°l = = ej1+e3=vVk3(1+y3)ey,

k
e1+e3)? 1+

SO

efR(el) = max {0, Vk3(1 +y3) e — el} .

Assume the interior regime egR(el) > (. Then

S(er) =er+eff(en) =Vhki(I+yz)er,  Pi(en) = s<ee11) - m

The leader solves
max k ‘1 °l
X - .
ax0 N ks(T+y3)  1+¢
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The FOC is

k1 Lol 1 S F = k%(l +‘/’1)2.
2 k3(1+(ﬁ3) ! 1+l/’1 ! 4k3(1+¢3)
Thus,
e} ki(1+y) f ki(1+y1)
P* = 1 = N * = ks (1 * = .
: ki(1+y3)  2k3(1 +y3) > s(1+ys) e 2
Finally,

o ogk_r o kil +y) k(1 +y1)?
3 1 2 Ak (1 +y3)’

and the incumbent equilibrium payoft is

et k%(l +y1)

T+y1  dks(1+ys3)

*x *

A4 Auxiliary proofs
A.4.1 Proof of Proposition 3

Proof of Proposition 3. Throughout, keep the maintained parameter restrictions and the equi-

librium payoffs in (4.4.1b), (4.3.2d), and (4.3.2e).

Period comparison. By (4.3.2d) and (4.4.1b),

R p— RO —
My J) = 4k3(1+fz)’ e, Ji) = (k1 + k3(1 +fz))2.

Thus 77, (fi) > 77, (fi) is equivalent to

k% k? 5
> — (ki +k3s(1+ 1)) —4dkiks(1+f;) >0
4k3(1 + f7) - (ki +k3(1+ft))2 ksl + ) el fo) =

= (ki —ks(1+£))* = 0,

which holds for all admissible parameter values, with strict inequality unless ky = k3(1+f;). O
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A.4.2 Proof of Proposition 4

Proof of Proposition 4. From (4.3.2b) and (4.4.1c), let Q = k3(1 + f). The probabilities are:

ki ki
P = — P = .
vM(f) 20’ vC(f) k1+Q
Differentiating with respect to f:
0P _ 9P dQ _ ki 0P _0PcdQ_ ki,
af _ aQ af 22 af  0Q af (+Q2

The marginal sensitivity under Meddling is higher in absolute value when:

af of

ava > anC
af af

Substituting and simplifying common positive terms (k, k3):

1 1

> > (k1 +Q)? > 202
202 7 (k) + Q)2 (k1 +€)

Taking square roots and rearranging:

kL+Q>V2Q k1>(\/§—1)9 — k1>(\/§—1)k3(1+f).

A.4.3 Proof of Lemma 4 (Monotonicity)

Proof of Lemma 4. Differentiating the incumbent’s payoft (4.2.3b) with respect to z, we obtain:

67(1,4 _ @ S
9z 4ks

This confirms that the incumbent strictly prefers higher values of z (less concession).

Similarly, differentiating the foreign actor’s acceptance payoff (5.2.1c) yields:

dk oU dk
UZ,A(Z):—Z—k;Z(l—d+dZ)—QZ = ai’A :—2—k;(1—d+2dz)—9.
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Given that d € (0,1], z € [0,1], and 8 > 0, we have 1 — d + 2dz > 0, with equality only at

the boundary case (d,z) = (1,0). Hence, agzz"‘ < 0, and it is strictly negative for all interior

values. Therefore, Uy 4(z) is strictly decreasing in z on [0, 1]. The utility functions are thus
monotonic, ensuring that the reservation thresholds Z”! and ZF? are unique and the bargaining

range is well-defined. O
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Appendix B: Comparative Statics of the Intervention-Choice Cutoffs

This appendix collects the proofs and derivative calculations for the comparative statics

of the intervention-choice thresholds D, ; with respect to b, ¢, and 7.

B.1 Derivatives of D, ; with respect to b
B.1.1 Periodt =2
Recall from (6.1.2) that

Dema(f2,b) = f(i—;zb) APy = Pyy(f2) — Puc(f2)-

Note that while AP, depends on the effective capacity f, it does not depend on the cost parameter

b. Hence,
8Dcm,2 _ f(_l) — _ f
ob AP> APy’

When D, is an interior cutoff relevant for M versus C, we have AP, > 0, and therefore

aDcm,z/ab < 0.

B.1.2 Period t = 1 with continuation

Recall from (6.1.3) that

Ni(b)
AP

Demi(f1,b,0) = , Ni(b) = f(1-b)+6 Py (f1) V22(b), APy = Py (f1)=Pvc(f1),

with AP independent of b. Therefore, the derivative is determined by the numerator:

aDcm,l Ni(b)

= Ap M) =—f+0Puw(f)

0‘/2’2
ob -

Derivative of V>,: cases MM and MC In period 2, the cost structure is fixed at the base

investment f. If the selected instrument is M, then

OUrmp

Ump=-bf -dP,u(f) = A

_f.

If the selected instrument is C, then U c» = —f — d Pyc(f2), implying 0U, c2/0b = 0.
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Case MM. If 13" (St) = M and I, (U) = M, then

0 V2,2
ob

=—F.

Vio=alUyyp+(1-a)Uryp=Usyp =

Thus, the numerator derivative becomes:

Ni(b) = =f + 06 Poy(f)(=f) ==f[1+6 Pou(f1)] <O,

yielding
aDcm,l _ _f [1 +6PvM(f1)]

ob APy

Case MC. If [5°°(Sr) = M and I5*P(U) = C, then

Vip=aloyp+(1-a)Uscy = = = a(-f) = —af.

Thus, the numerator derivative becomes:

Ni(D) ==f+ 06 Poy(fi)(—af) ==f[1 +5aPum(f)] <O,

yielding
al)cm,l _ _f [1 + 5a'PvM(fl)]

ob AP

Sign and implication for the region M = C In both MM and MC cases, the numerator term

N7 (b) scales linearly with the base investment — f and is strictly negative. Hence,

0D
sgn( 8Cb ’1) = —sgn(APy).

If APy > 0 (Meddling is effectively superior), then M = C &= d < D, 1. Since the derivative
is negative, D, falls with b, causing the set of feasible d to shrink. If APy < 0 (Coup is
effectively superior), then M = C &= d > D.,,. Since the derivative is positive (negative
numerator divided by negative denominator), D, 1 rises with b, causing the set of feasible d to
shrink as well. Therefore, in both interior-cutoff regimes, increasing b unambiguously reduces

the feasible set of misalignments for which M is preferred.
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B.2 Proof of Proposition 7
Under AP( f1) > 0, expression (Eq. (6.1.3)) is affine in §:

Dcm,l((s) = M +5-M

AP(f1) AP(f1)

Thus,
ODemy _ Py (f1)Var
a6 AP(f1)

Since P,y (f1) > 0 and AP(f1) > 0 by hypothesis, the sign is determined by V,,: if V5, <0,

then 0D y,.1/06 < 0, with strict inequality if V2, < 0. O

B.3 Proof of Proposition 6
Recall the definition of the threshold in (6.1.3):

f(L=b)+ 6P,y (f1)Var

Dem1 = AP(11)

Differentiating with respect to 7:

ODcmy _ (6Pum(f1)) OV2n
ot \ AP(f) | ot~

Voo

Since the pre-factor is positive, the sign depends entirely on —=

. The continuation value V,»
is a convex combination of payoffs in stable and unstable states in period ¢ = 2, both of which

depend on the updated support f> = (1 + 7) f1.

Generally, P;’s payoff in period 2 is Uy ; = —«(I) — dP,;(f2), where I € {M,C}. The

effect of 7 is given by the chain rule:

Uy _ 90Uy 0Py Of2 - () Py

dtr 0P,y dfr It afr

fi.

0P,
212

We now demonstrate that

is strictly negative for both instruments, implying agﬁ” > 0.

1. Meddling (M) Using the victory probability from (4.3.2b) with argument f5:

ke
2k3(1 + f2)
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Differentiating with respect to f>:

8PVM kl
= - < 0.
7p) 2k3(1 + f2)?

Thus, the incumbent’s survival probability strictly decreases with accumulated capacity.

2. Coup (C) Using the victory probability from (4.4.1c¢):

k1
ki+ks(1+ f2)

PvC(fZ) =

Differentiating with respect to f>:

6PvC _ 0 - denom — k1 . k3 _ k1k3 <0
ofs  (ki+k3(1+ f2))? (ki + k3(1+ f2))2

Conclusion Since aa[}”z’ < 0 for both instruments and f;, d > 0, it follows that:
oU. oP
Moo 2L >0
ot 0f)
v (+)
=)
. . g, (9‘/2,2 aDcml
As V5 is an expectation over these utilities, - > 0, and consequently G > 0.
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Appendix C: Reduction to G® and SPNE Construction

C.1 Proof of Lemma 7

Step 1 (Contest behavior in any SPNE of G). Fix any contest subgame Cp,; and let & be
the history at which it begins. By construction, # is a singleton information set, hence G (h)
is a proper subgame (Definition 15). By hypothesis, Cp,, has a unique Nash equilibrium for
the parameters at 4. If o is an SPNE of G, then o|;, must be a Nash equilibrium of G(h)

(Definition 16), hence o |, coincides with the unique CSF equilibrium.

Step 2 (From an SPNE of G* to an SPNE of G). Let o be an SPNE of G®. Construct o by

R on all non-contest histories, and setting o equal to the unique CSF-equilibrium

setting o = o
strategies inside each contest subgame. Consider any subgame G (h) of G. If h starts inside
a contest subgame, then o |, is Nash by construction. If 4 starts at a non-contest node, then
the continuation payoffs induced by o in G(h) coincide with those induced by o® in G¥(h)
because the contest components are replaced in GR by their equilibrium payoff vectors. Since

o® is SPNE, o®|;, is Nash in GR(h), hence o|;, is Nash in G (h). Therefore o is SPNE of G.

Step 3 (From an SPNE of G to an SPNE of G?). Let o be an SPNE of G. By Step 1, o
plays the unique CSF equilibrium in every contest subgame. Let o® be the restriction of o to
non-contest histories. For any subgame G®(h), the same non-contest actions are available and
the same continuation payoffs are induced as in G (&) under o, because contest components are
replaced by their equilibrium payoff vectors. Since o |y, is Nash in G (h), o8|}, is Nash in GR(h).

Hence o-® is SPNE of GX. O

C.2 Proof for Lemmas 8 and 9

Fix an arbitrary state (¢, s,) and let [ = Itd “P(s,) denote the active dispute instrument.
By Lemma 4, P;’s acceptance set Z/7, is a convex interval [0, min{1, Zf7 }]. Similarly, Py’s
individual rationality constraint defines the settlement-feasible set Z 5 [1 , = [max{0, ZaP Ill}, 1].
The effective bargaining range is the intersection B;(s;) = Z 5 Il’t nN<Z 5 IZJ.

Two cases arise:

1. Empty Bargaining Range (B;(s;) = 0): No z € [0, 1] simultaneously satisfies P,’s
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acceptance condition and P;’s participation constraint. Thus, dispute is inevitable. P

sets z; = 1 (no concession), yielding the dispute payoff.

2. Non-empty Bargaining Range (8, (s;) # 0): Since Py’s payoff from settlement, 77, (2),
is strictly increasing in z (Lemma 4), P optimally selects the supremum of the feasible

set. Thus, z¥(s;) = supB;(s;) = min{l, Z"?

i} Tie-breaking in favor of settlement

(Assumption 3) ensures acceptance at the boundary.

C.3 Proof of Theorem 1

The proof follows by backward induction on the reduced game G¥, utilizing the One-

Stage Deviation Principle.

1. Period 2: Lemma 8 characterizes the unique subgame perfect equilibrium strategies
for any history leading to period 2, determining the continuation values V;(s2) =

(Vi2, V22, V32).

2. Period 1: Given V,, Lemma 9 establishes the equilibrium strategies for the period-1

subgames, incorporating the option value of the sequential meddling branch (M).

3. Stage 0: Lemma 10 characterizes the optimal entry decision given the anticipated equi-

librium paths of periods 1 and 2.

Combining these stage-contingent strategies constructs a profile that is Nash in every
subgame of GX. By the Reduction Principle (Lemma 7), this profile induces a unique SPNE

outcome distribution in the original game G. O
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Appendix D: Proof of Proposition 11

Equations (8.0.5)—(8.0.6) follow directly from the linearity in @. For (8.0.7), note that
when C is feasible only in Ut, the set of continuation actions available to P, in Ut weakly
contains that in S¢; since I3, (s1) is an equilibrium payoff under the induced optimal behavior in

GR, the additional option cannot reduce P,’s equilibrium payoft, yielding IT  (Ut) > 115 (S7).
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Appendix E: Bargaining Dynamics and Threshold Sensitivity

This appendix details the properties of the bargaining range defined by [ZF!, ZP?]. We
establish non-negativity constraints, analyze the impact of audience costs (8), verify the existence

of a bargaining range in the benchmark case (6 = 0), and derive the sensitivity to disagreement

(d).

E.1 Non-negativity of Reservation Thresholds in z

Lemma 11 (Non-positivity of V5,). Maintain d > 0, f; >0, b € (0,1), 6 € (0,1], z € [0, 1],

and 6 > 0. Then the foreign actor’s continuation value satisfies
Vo2 <0.
Proof. In period t = 2, acceptance yields
Uz ap(z) = (=dz) Pya(z) =02 <0

sinced >0,z € [0,1], Pya(z) =0, and 6 > 0. Meddling yields

Usmp==bf—dPu(f2) <0
since bf > 0and P,y (-) = 0. A coup (when feasible) yields

Uscp=-f—-dPyc(f2) <0

since f > 0 and P,c(-) > 0. Therefore, in every state, the maximum attainable payoff in period

2 is non-positive, implying V55 < 0. O
Lemma 12 (Non-negativity of Z”?). Assume d € (0,1], k1, k3 > 0, f; > 0, and 6 > 0. Then

the foreign-actor acceptance cutoffs Zﬁ ,in(6.2.4), Zﬁ , in(6.2.6), and chz’t in (6.2.8) satisfy

ZP2

P2 P2
am,?2 2 O’ Zam,l 2 0’ z > 0.

ac,t =

Moreover, the alternative (“minus”) quadratic root is strictly negative in all cases.
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Proof. Define 6 = fli* 0 >0andu =1—-d > 0. All three cutoffs can be written in the generic

(u+8) + N OP X

2d ’

form

7 = d>0,

for some X > 0. Since V(u + 0)2 + X > |u + 8| = u + 0, the numerator is weakly non-negative

and hence Z > 0.

(i) ZF2 .. From (6.2.4), one has

_ 1 2k3bf
X =dd|; + 22z 0.

(ii) Z!% . From (6.2.6),

8k

X = k_f bf +dPuy(fi) =6 Puu(fi) Van|.

By Lemma 11, V,, < 0, hence —8 Py (f1) Va2 = 0since 6 > 0 and P,y (f1) = 0. Alsobf >0
and dP,y(f1) = 0. Therefore the bracket is weakly positive and X > 0.

(iii) ZP?

ac,t*

From (6.2.8),

2k 2%
X =4d| "+ wtaca | 20

This proves the claim. O

Lemma 13 (Sign of ZP! ). For t € {1,2}, the incumbent’s lower bound in (6.2.7)—(6.2.5)

—am,t
satisfies
1
7Pl (f):Hf’—l_d)zl_L
Sam,t 3t d d(1+f)
Hence ZaPrL [(ft) < 1 always, and
ZPL ()20 & d> J
—am,t l+ﬁ

Proof. Algebraic rearrangement gives the identity. Since f; > 0 and d(1 + f;) > 0, the term

d(lﬁf) > 0, implying Z”! = < 1. Non-negativity is equivalent to 1 > ﬁ, ie. d > %’f[

—=am,t =

Lemma 14 (Range and sign of Z”! ). Define B, = k3(1+ f;) > 0. The incumbent’s lower bound

—ac,t

in (6.2.9) can be written as

4kiBe (1-d)
Pl (k1+B:)?
Zac t(fl) = d
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It satisfies ZE' (f,) < 1 for all parameters, and

—=ac,t

Ak ks (1
7P (£) 20 e ks +f) oy

act (ky + k3(1 + f))*

Proof. For any x,y >0 > < 1 (with equality iff x = y). Taking x = k; and y = §3; yields

’ (

Akipe

(ki + B>~
Thus the numerator of chll is at most 1 — (1 — d) = d, implying Zact < d/d = 1. The
non-negativity equivalence follows directly from the definition. O

E.2 Audience Costs: Monotonicity and Cutoffs in
E.2.1 Monotonicity in 6

Fix t € {1,2} and let I € {M, C}. In both cases, the foreign actor’s acceptance ceiling
admits the representation
—A(6) + VA(0)2 + Buy, 2ks3

,  AM)=1-d+20, A1===>0, (E21
d (9) + T (E2.1)

Zj,%t(e) =

where B,;, > 0 does not depend on 6. Differentiating yields

P2
az“”—i A) ~1]<o0 (E2.2)
00 2d w/A(G)Z + Bay ’

since Byy; > 0 implies yA(6)? + Byr; > |A(6)|. Hence Zﬁ}t(e) is strictly decreasing in 6,

and because Z"]  is f-invariant, the bargaining width AZ,;,(0) = Z[7,(6) - Z%)

Z,;, 1s strictly

decreasing in 6 as well.

E.2.2 Cutoffsin9: A vs. M

For I = M, the incumbent’s floor is

lif, -(1-4d)

am t(ﬁ) - d ’ (E23)
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Pl

unique by monotonicity.

Second period (r =2). Ifd > the unique cutoff is

1+f’
2k
L+—3bf
g . dki (1+ /) ki
am,2 = 2k3 g f2
1+ f

First period ( = 1). If d > {2 and defining

Q1 =bf +dP,y(f1) =06 P.u(fi) V2o,

the unique cutoff is

g = do, dk
aml g N 2k3(1+ f1)
1+f1

E.2.3 Cutoffsin 8: A vs. C

For I = Candt € {1,2}, define

4k1ks

Dt

The incumbent’s floor is
W, —(1-d)
ac t(ft) d ?

so ZP1 > 0 if and only if d > 1 — W,;. The cutoff éac,t is defined by

—=ac,t

unique by monotonicity; if d > 1 — W,, it is given by

dkl]

+

Vo, | 2
i-1+W, D2’

eac,t
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t € {1,2}.

am,t is defined by Z22 (O4,) = ZP) | and is

—=am,t

(E24)

(E.2.5)

(E.2.6)

(E.2.7)

(E.2.8)

chzjcz,t(éac,t) ZPl and is

—=ac,t

(E.2.9)



E.3 A strict ordering of the acceptance cutoffs at 6 = 0

Consider the benchmark case where § = 0. Under the interior CSF, the foreign actor’s
acceptance cutoff in the A vs. M comparison is strictly above the incumbent’s lower bound in

both periods.
Lemma 15. Fixt =2 and assume d € (0,1], f» >0, k1, k3 >0, and b > 0. Let

1 2ks3
0,1), E=—bf>0.
v 50D 0 oI

Ay =

Using (6.2.4)~(6.2.5), one has Z} ,(d) > Z% ,(d) for all d € (0,1].

m

Proof. Writeu = 1 —d. Then (6.2.4)—(6.2.5) can be rewritten as

—u + \u? + 4dAs + AE

Az—u
2d '

d

Z0 o (d) = zPl (d) =

m,

The desired inequality is equivalent to

~u+Vul+4dA, +4E > 2(Ar—u) & Vul+4dA, +4E > 24, —u.

If 2A; — u < 0, the last inequality is immediate since the left-hand side is nonnegative. If

2A; —u > 0, squaring both sides yields an equivalent condition:

u? +4dAy + 4E > (2A; —u)? & 4dAy +4E > 4A3 - 4Au

— 4(A2(1—A2)+E) > 0,
which holds strictly because A, € (0, 1) implies A>(1 — A;) > 0 (and also £ > 0). Hence
Z0%,(d) > Z8) (d) forall d € (0, 1]. O

Lemma 16. Fix t = 1 and assume d € (0,1], fi > 0, ki,k3 >0, b >0, § € (0,1], and
Voo <0 (e.g., if all period-2 payoffs of P, are non-positive). Then Zé’n% (d) > Zfz);iz ,(d) for all
d € (0,1].

k : :
Proof. Let A} = # € (0,1) and E = Zk—fbf > 0. Using P,y (f1) = m = 2le3A1 in
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(6.2.6), the radicand becomes

(1—d)2+8k

k—3 bf+dPoy(f) —5PvM(f1)v2,2] = (1= d)? +4dA, + 4E — 4dA16V5s.
1

Since V5, < 0, we have —4dA 16V, 5 > 0, hence

—(1-d)++(1-d)*+4dA; +4E

Zj;fz,] (d) > 5

On the other hand, (6.2.7) gives Zap 31 (d) = w. Therefore, the strict inequality

—(1=d)+ (1 —d)? +4dA, + AE _Ai-(-d)
2d d

follows by applying Lemma 15 with A; replaced by A (note that A} € (0, 1)). Combining the
two displays yields Z! | (d) > Z% | (d) for all d € (0, 1]. O

E.4 Sensitivity of Thresholds to Disagreement (d)

This appendix details the differentiation of the bargaining thresholds Z”! and Z”? with
respect to the political disagreement parameter d. We maintain the expanded forms to isolate
the competing forces (positive, negative, and ambiguous) driving the slope of the thresholds

and, by implication, of the bargaining range.

E.4.1 Incumbent’s Lower Bound (Z Py

The incumbent’s reservation value is given generically by:

¢-—(-4d)

P1 _
ZP(d) = — (B.4.1)

where ¢ is the fixed component of the dispute payoff which does not depend on d.

Rearranging for differentiation:

zP(a) = —‘p; L= (6 —1Dd ™' +1.
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Differentiating with respect to d:

oz o 1=
= (=D(¢-1d ™ = —

S

od

Result. Since ¢ < 1, the numerator is non-negative. Thus:

azZr' 1-¢
= = E.4.2
ad d? (E4.2)
N——"
>0

Consequently, the incumbent’s threshold is strictly increasing in d. As disagreement grows,
the status quo payoff (1 — d) deteriorates for the opposition (and relatively improves for the

incumbent holding power), increasing the incumbent’s minimum acceptable settlement.

E.4.2 Foreign Actor’s Upper Bound (Z7?)

The acceptance threshold for P;, after substituting the normalized audience-cost term,

is given by:
- ~(1-d+6(d)) +JA(d
ZP2(d) = ( () ( ), (E.4.3)
2d
where we define the auxiliary terms:
* Consider 6(d) = %. Note that
- 2k30  0(d)
0'(d) = ———F=—=.
(@) kid? d

* Discriminant: A(d) = (1 — d + 6(d))? + 40;(d), where Q;(d) denotes the branch-
specific component inherited from the disagreement payoff under instrument /, as defined

in Section 6.

Derivation. Using the quotient rule (%)’ = “*5 with v = 24:

azn:[-@1+@)+ﬁ%k2d—f«1—d+®+VZ-2

od 4d?
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Expanding the numerator:

Substituting &’ (d) = —0(d)/d, we have —d#’ = . Thus:

- 2dA
Num = 2d(1 -6") + d
2VA

~ A
Num:2d+20+d

’

’

VA

+2(1—d+8) - 2VA.

+2-2d+26 - 2VA.

Combining terms (2d cancels with —2d, and 26 + 20 = 46):

Dividing by the denominator 4d?:

Num:2+4é—2«/K+dA.
VA

VAR 1 - dN
=— |1+20-VA+ .
ad 242 WA

Recalling that 26(d) = 339 e obtain the full expanded form.

Decomposition.
0z 1
dd 242

kid>

The derivative is composed of three distinct forces:

4k30
1+ ——
kid

~————

_Positive (Audience Cost)

VA

~——
Negative (Structural)

where the derivative of the discriminant is:

oA
od

08 _o(1— g+ 2K80) (2g 2 2Ks0) | 4991
kid?

kid
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G_A
2/A \0d

|

<|

Ambiguous (Strategic Interaction) ]

od

(E4.4)
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